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Galaxy Cluster Primer
Most massive collapsed objects,  

formed at z < 2
Characteristics:

R ~ 1-3 Mpc (1025 cm), collapsed from  
~10 Mpc region  
(1 Mpc = [9, 5, 3, 2]’ at z = [0.1, 0.2, 0.5, 1])

M ~ 1014 M⊙ to few x 1015 M⊙, mostly dark  
matter, follows generalized Navarro, Frenk, 
 White (NFW) profile

Hot baryonic plasma ~ 15-20% of mass
T ~ 108 K = few keV
LX = 1043-1045 erg/sec
density = 0.001- 0.1/cm3

sound crossing time ~ 0.5 Gyr << age → close to hydrostatic equilibrium
gas somewhere between isothermal (P ∝ ρ) and adiabatic (P ∝ ρ5/3)

thermal conduction substantial but not perfect
metallicity ~ 1/3-1/2 solar

10s to 100s of galaxies, ~2-3% of mass

magnetic field ~ 1 µG

Observable in O/IR via detection of member galaxies

Lensing of background galaxies in O/IR maps dark matter
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green: HST image
blue: lensing mass

red: Chandra X-ray
white, yellow: SZ

Crosses: centroids  
for X-ray, SZ, and BCG
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Intracluster medium “emission” mechanisms:
X-ray emission from thermal bremsstrahlung 

 
 
 
 

Thermal Sunyaev-Zeldovich (tSZ) effect:  
Compton scattering of CMB photons

Relativistic SZ (rSZ) effect: 
dependence of f on Te

Kinetic SZ (kSZ) effect:  
Compton scattering due to Doppler shift  
(line-of-sight peculiar velocity)

Observing Clusters with SZE and X-ray

• X-ray observations have been used to
study the ICM

– X-ray signal ∝ n2
eT

1/2
e

(1+z)4

– X-ray spectra needed to solve for Te

– difficult to study high-z clusters because of
1/(1 + z)4 redshift dependence of signal

– difficult to study outer regions of cluster
because of n2

e dependence of signal

• combine X-ray and SZE
– SZE ∝ neTe

– break degeneracy between ne and Te

– reduce amount of X-ray data needed →

allow studies at higher z and larger radii

Texas in Vancouver December 8, 2008 Jack Sayers

Galaxy Cluster Primer
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for the 38 clusters lie within the envelope of the 21 clusters ob-
served by BeppoSAX (see Figs. 3 and 4 and Table 2 of De Grandi
& Molendi 2002). The radial temperature profile data for all
clusters, including the temperature, the background-subtracted
counts, and the !2, are reported in Appendix C (Table 7). Metal
abundances of the hot cluster plasma have a marginal effect on
the X-ray cooling function (see x 3). We assume the De Grandi
et al. (2004) abundance profile in our analysis, which is consis-
tent with our measured abundances.

3. MEASURING DISTANCES WITH X-RAY
AND SUNYAEV-ZEL’DOVICH EFFECT DATA

3.1. The Hydrostatic Equilibrium Model

To determine the distance to a cluster, we must first construct
a realistic model for the cluster gas distribution. At the center
of clusters the density may be high enough that the radiative
cooling timescale is less than the cluster’s age, leading to a re-
duction in temperature and an increase in central density. This
increases the central X-ray emissivity in theChandra passband,
as shown in Figure 1 for the clusters RXJ 1347.5!1145andAbell
1835. At large radii, the density of the gas is sufficiently low that
X-ray emission can be sustained for cosmological periods with-
out significant cooling. Cool core clusters effectively exhibit
two components: a centrally concentrated gas peak and a broad,
shallower distribution of the gas. This phenomenon motivates
the modeling of the gas density with a function of the form:

ne(r) ¼ ne0 f 1þ r 2

r 2c1

! "!3"=2

þ (1! f ) 1þ r 2

r 2c2

! "!3"=2
" #

: ð1Þ

This shape generalizes the single "-model profile, introduced
by Cavaliere & Fusco-Femiano (1976) and commonly used to
fit X-ray surface brightness profiles, to a double "-model of the
density that has the freedom of following both the central spike
in density and the gentler outer distribution. A double "-model
of the surface brightness was first used by Mohr et al. (1999) to
fit X-ray data of galaxy clusters; the density model of equation (1)
was further developed by LaRoque (2005). The quantity ne0 is
the central density, f governs the fractional contributions of the
narrow and broad components (0& f &1), rc1 and rc2 are the
two core radii that describe the shape of the inner and outer por-
tions of the density distribution, respectively, and" determines the
slope at large radii (the same " is used for both the central and
outer distribution in order to reduce the total number of degrees of
freedom).

The X-ray surface brightness is related to the gas density as

SX¼
1

4#(1þ z)4

Z
n2e!ee dl; ð2Þ

where z is the cluster redshift, ne is the electron density of the
plasma (eq. [1]), !ee is the X-ray cooling function, and the in-
tegration is performed along the line of sight l. We calculate!ee

as a function of plasma temperature and energy in the rest frame
of the cluster, including contributions from relativistic electron-ion
thermal bremsstrahlung, electron-electron thermal bremsstrahlung,
recombination, and two-photon processes; the cooling function
is then redshifted to the detector frame, convolved with the tele-
scope and detector response, and integrated over the 0.7Y7 keV
Chandra bandpass, following the method described in Reese
et al. (2000). The calculation of!ee requires a temperature profile

in order to perform the integration, which we determine from our
Chandra data (Fig. 2). The appropriate response for each image
was generated from CIAO.

The SZE decrement is proportional to the integrated gas pres-
sure as

"TCMB¼ f(x;Te)TCMB

Z
$Tne

kBTe
mec2

dl; ð3Þ

where f(x;Te) is the frequency dependence of the SZE (x ¼
h%/kBTCMB and f(x;Te) ’ !2 at our observing frequency of
30 GHz), TCMB ¼ 2:728 K (Fixsen et al. 1996), $T is the Thomson
cross section, kB is the Boltzmann constant, c is the speed of
light in vacuum, me is the electron mass, Te is the electron tem-
perature, and the integration is along the line of sight.
Historically, the cluster distance has been solved for directly

by taking advantage of the different density dependences of the
X-ray emission and SZE decrement (e.g., Hughes et al. 1991;
Reese et al. 2002; Bonamente et al. 2004):

SX /
Z

n2e!ee dl ¼
Z

n2e!eeDA d&;

"TCMB /
Z

neTe dl ¼
Z

neTeDA d&: ð4Þ

The details of the plasma modeling, such as the numerical inte-
gration of the density profile, are included in the proportionality
constants of equation (4). The cluster angular diameter distance
DA ' dl/d&, where & is the line-of-sight angular size, can be in-
ferred with a joint analysis of SZE and X-ray data by assuming a
cluster geometry to relate the measured angular size in the plane
of the sky to that along the line of sight. For our adopted spherical
geometry, these two sizes are equal.

Our model includes the distribution of dark matter in clusters.
The baryonic matter reaches hydrostatic equilibrium in the po-
tential well defined by the baryonic and dark matter components,
on a timescale that is shorter than the cluster’s age (Sarazin 1988).
Under spherical symmetry, this results in the condition

dP

dr
¼ !'g

d(

dr
; ð5Þ

where P is the gas pressure, 'g is the gas density, and ( ¼
!GM (r)/r is the gravitational potential due to both dark matter
and the plasma. Using the ideal gas equation of state for the
diffuse cluster plasma, P¼ 'gkBT /)mp, where ) is the mean mo-
lecular weight and mp is the proton mass, one obtains a rela-
tionship between the cluster temperature and the cluster mass
distribution:

dT

dr
¼ ! )mp

kB

d(

dr
þ T

'g

d'g
dr

! "
¼! )mp

kB

GM

r 2
þ T

'g

d'g
dr

! "
:

ð6Þ

We combine these hydrostatic equilibrium equations with a
dark matter density distribution from Navarro et al. (1997):

'DM(r)¼ N
1

(r=rs)(1þ r=rs)
2

# $
; ð7Þ

where N is a density normalization constant and rs is a scale
radius. These model equations are combined with the X-ray and
SZE data using a MCMC method, described in x 3.2.
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Λee = cooling function ∝ Te1/2

σT = Thomson cross-section

Note the different  
dependences on  

ne and Te !
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Self-Similar, Universal Cluster Model

Assume gravity dominates, not baryonic physics
A spherical overdensity breaks away from expansion, collapses, and virializes; 

density at virialization is cosmology-dependent ∆υ ≈ 180.  Defines virial radius 
(“edge of cluster”), total mass Mtot

Assume isothermality of gas (virialization to logical extreme) in non-singular 
isothermal sphere with gas temperature related to galaxy velocities

Require hydrostatic equilibrium (gas pressure provides support against gravity): 
relates total mass sourcing gravity to gas temperature and density profile
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2003), and all cluster X-ray properties are derived using data from
the Chandra X-ray Observatory. Finally, our Chandra observa-
tions have an order of magnitude better spatial resolution than
the X-ray data used in previous studies, which greatly improves
our ability to identify and exclude compact foreground sources
that are superimposed on the cluster X-ray emission.

Throughout the paper, we assume a !CDM cosmology with
"M ¼ 0:3, "! ¼ 0:7, and h ¼ 0:7, where h is defined such that
H0 ¼ 100 h km s"1 Mpc"1. All uncertainties are at the 68.3%
confidence level.

2. THEORY OF CLUSTER SCALING RELATIONS

2.1. The Virial Radius and r2500

In order to establish relationships between mass, SZE flux, and
other cluster properties, one needs to define a radius out to which
all quantities will be calculated. This radius should be physically
motivated, reachable with the current X-ray and SZE observations,
and equivalent for clusters of different redshift. One candidate is
the virial radius. In a Friedman-Robertson-Walker universe, an
unperturbed spherical region expands indefinitely, while a per-
turbed overdense region (the seed of a future cluster) eventually
recollapses. When the overdense region collapses under the effect
of its own gravity, it is assumed to reach virial equilibrium when
the radius is half of that at maximum expansion (Peebles 1980;
Lacey & Cole 1993). The ratio of the mean cluster density to the
background density at the time of virialization is# v ¼ 18!2 for
a universe with critical matter density ("M ¼ 1). For a different
cosmology with "k ¼ 0, Bryan & Norman (1998) showed that
#v ’ 18!2 þ 82x" 39x2, where x ¼ "M0(1þ z)3 /E2(z) and
E2(z) ¼ "M0(1þ z)3 þ "! þ "k0(1þ z)2, as found from a fit to
numerical simulations (Lacey & Cole 1993).

With this characterization of the mean cluster density at time
of virialization, the virial radius can be determined as the radius
within which the average density of the cluster is #v times the
critical density, via

4

3
!"c(z)# v(z)r

3
vir ¼ Mtot r# v(z)

h i
; ð1Þ

in which both "c(z) and#v(z) are cosmology dependent, and the
critical density "c(z) is defined as

"c(z) ¼
3H 2

0 E(z)
2

8!G
: ð2Þ

Unfortunately, the virial radius is usually unreachable with cur-
rent X-ray and SZE measurements, and one is forced to perform
measurements out to a smaller radius. Such a radius (r#) is char-
acterized by the density contrast parameter# in place of #v(z)
in equation (1), and it corresponds to a higher average density,
4/3ð Þ!"c(z)#r 3# ¼Mtot(r#). We choose a contrast parameter# ¼
2500, corresponding to an average density of 2500 times the
critical density at the cluster’s redshift. This choice is motivated
by the fact that this is the radius typically reachable with our SZE
and X-ray data without any extrapolation of the models (B2006;
L2006).7

2.2. Scaling Relations

The hierarchical structure formation theory developed byKaiser
(1986) predicts simple relationships between physical parameters
of collapsed structures, known as scaling relations. With the as-
sumptions of hydrostatic equilibrium and of an isothermal dis-
tribution for both the dark matter and the cluster gas (e.g., Bryan
&Norman 1998), it can be shown that there is a simple relation-
ship between a cluster’s total mass and its gas temperature Te:

Te / M
2=3
tot E(z)

2=3; ð3Þ

where themass is calculated out to a radius of mean overdensity#,
Mtot ¼ Mtot(r#). For fgas & Mgas /Mtot, [Mgas ¼ Mgas(r#)], the ex-
pected relationship between the gas mass within r# and the gas
temperature is

Te f
2=3
gas / M 2=3

gas E(z)
2=3: ð4Þ

The Compton y-parameter is a measure of the pressure in-
tegrated along the line of sight:

y ¼
Z 1

0

#Tne
kBTe
mec2

dl; ð5Þ

One can further integrate the y-parameter over the solid angle"
subtended by the cluster, to obtain the integrated Compton
y-parameter:

Y &
Z

"
y d" ¼ 1

D2
A

kB#T

mec2

! "Z 1

0

dl

Z

A

neTe dA; ð6Þ

where A is the area of the cluster in the plane of the sky. In the
context of an isothermal model, Y is proportional to the integral
of the electron density ne over a cylindrical volume; thus,

YD2
A / Te

Z
ne dV ¼ MgasTe ¼ fgasMtotTe: ð7Þ

In x 5we consider the effect of integrating gasmasswithin a spher-
ical volume while determining Y in a cylinder. Using equation (3)
we can rewrite equation (7) in terms of either Mtot or Te, or
substitute Mgas /fgas for Mtot , to obtain

YD2
A / fgasT

5=2
e E(z)"1;

YD2
A / fgasM

5=3
tot E(z)

2=3;

YD2
A / f "2=3

gas M 5=3
gas E(z)

2=3: ð8Þ

Equation (8) describes the scaling relations that we investigate
observationally in this paper.

3. SZE AND CHANDRA X-RAY OBSERVATIONS
OF GALAXY CLUSTERS

3.1. Data

We analyze the SZE and X-ray data observations of 38 clusters
in the redshift range z ¼ 0:14Y0:89, observed with the Berkeley-
Illinois-Maryland Array (BIMA) and Owens Valley Radio Ob-
servatory (OVRO) interferometric arrays and with the Chandra
X-ray imaging spectrometers. Both data modeling with the iso-
thermal $-model and the data themselves are presented in B2006
and L2006, the previous two papers in this series. We refer to
L2006 for details on the observations and data modeling and to

7 The use of a constant overdensity factor # was shown by Maughan et al.
(2006) to give results similar to the case of a variable overdensity factor#(z) ¼
#(0)½#v(z)/#v(0)(, in which the variable overdensity scaleswith redshift in order
to keep the ratio of two comoving densities constant.
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ρc(z) = critical density at redshift z
        ∝

σ = 1D galaxy velocity dispersion
Te = gas (electron) temperature
β = 1 for ideal gas in equipartition, no gravity
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arguments may only identify a scaling property between quantities without specifying a normalization, which can, however,

be Ðxed by numerical simulation (or by further assumptions). This describes the scaling laws that come from considering

clusters as spherical clouds of gas in hydrostatic equilibrium. Frenk, & White hereafter NFW) recentlyNavarro, (1995 ;

compared the results of six clusters simulated with SPH in a cold dark matter (CDM) scenario against these scaling relations

(at z \ 0). They Ðnd good agreement over a wide range of luminosity, mass, and temperature but claim that clusters from

Eulerian simulations (such as in et al. and et al. do not.Kang 1994a Bryan 1994a)

Another analytic method is that initially described by & Schechter which predicts the mass distribution ofPress (1974),

collapsed objects. There have been a number of comparisons between its predictions and the results of N-body simulations

et al. et al. & Cole Using the scaling results, this theory can be extended to produce(Efstathiou 1988 ; Bond 1991 ; Lacey 1996).

the temperature Cole, & Frenk and luminosity distribution functions. Since this is one of the most widely used(Eke, 1996)

constraints on the amplitude of mass Ñuctuations, it is important to check its validity.

In this paper, we make a detailed comparison between simulation results and the adiabatic scaling laws as well as the

Press-Schechter formalism with extensions. This allows us to gauge the accuracy and consistency of both methods, leading to

Ðrmer conclusions regarding the viability of the cosmology modeled. The paper is laid out as follows. In we review the° 2,

scaling relations, including a modiÐcation to take into account the Ðnite resolution of Eulerian codes. We then compare these

to the results of CDM and cold plus hot dark matter (CHDM) simulations at a variety of redshifts. In we examine the° 3,

mass, temperature, and luminosity distribution functions, including the e†ects of Ðnite bandpass and line emission. These are

compared against the Press-Schechter plus scaling theory (extended to include the additional complications in the luminosity

function). In we brieÑy examine the proÐles of temperature and velocity dispersion to assess the accuracy of the isothermal° 4

models assumed in extending the Press-Schechter work. Finally, in we discuss our results and comment on the viability of° 5,

the models simulated.

2. SCALING RELATIONS

Here we review the scaling relations between cluster bulk properties through the assumption of a pressure-supported

isothermal sphere for both the gas temperature, T , and one-dimensional collisionless velocity dispersion, p, of the dark matter

particles. The assumption of a speciÐc density proÐle (here the isothermal sphere) is not required to obtain the scaling

behavior but is needed to determine the constant of proportionality between the given quantities.

These relations were used by to describe the evolution of ““ characteristic ÏÏ quantities, largely driven by theKaiser (1986)

nonlinear mass deÐned via below, as well as to derive relations between distribution functions at di†erent(Mnl), equation (20)

epochs. We do not explicitly test these because they are uniquely speciÐed by the nonlinear mass (which we do examine) and

the scaling relations discussed below.

2.1. Scaling Review and Normalization
In the isothermal distribution function, the density is related to the velocity dispersion & Tremaine(Binney 1987) :

o(r) \ p2
2nGr2 . (2)

If we deÐne as the radius of a spherical volume within which the mean density is times the critical density at that redshiftrvir *
c

then there is a relation between the virial mass and the one-dimensional velocity dispersion :(M \ 4nrvir3 ocrit*c
/3),

p \ M1@3[H2(z)*
c
G2/16]1@6 (3)

\ 476fp
A M

1015M
_

B1@3
(h2 *

c
E2)1@6 km s~1 . (4)

In the second line we have introduced a factor, which will be used to match the normalization from the simulations. Thefp,

redshift-dependent Hubble constant can be written as H(z) \ 100 h E(z) km s~1 Mpc with the function E2 \ )0(1 ] z)3
dependent on three contributions :] )

R
(1 ] z)2 ] )"

)0 \ 8nGo0
3H02

; )
R

\ 1

(H0 R)2 ; )" \ "
3H02

. (5)

Here, is the nonrelativistic matter density, R is the radius of curvature, and " is the cosmological constant.o0
The value of is taken from the solution to the collapse of a spherical top-hat perturbation under the assumption that the*

c
cluster has just virialized Its value is 18n2 for a critical universe but has a dependence on cosmology through(Peebles 1980).

the parameter We have calculated this for the cases & Cole and et)(z) \ )0(1 ] z)3/E(z)2. )" \ 0 (Lacey 1993) )
R

\ 0 (Eke

al. Ðtting the results with1996),

*
c
\ 18n2 ] 82x [ 39x2 for )

R
\ 0 , *

c
\ 18n2 ] 60x [ 32x2 for )" \ 0 , (6)

where x \ )(z) [ 1. These are accurate to 1% in the range )(z) \ 0.1È1.

If the distribution of the baryonic gas is also isothermal, we can deÐne a ratio of the ““ temperature ÏÏ of the collisionless

material to the gas temperature :(Tp \ km
p
p2/k)

b \ km
p
p2

kT
. (7)

2003), and all cluster X-ray properties are derived using data from
the Chandra X-ray Observatory. Finally, our Chandra observa-
tions have an order of magnitude better spatial resolution than
the X-ray data used in previous studies, which greatly improves
our ability to identify and exclude compact foreground sources
that are superimposed on the cluster X-ray emission.

Throughout the paper, we assume a !CDM cosmology with
"M ¼ 0:3, "! ¼ 0:7, and h ¼ 0:7, where h is defined such that
H0 ¼ 100 h km s"1 Mpc"1. All uncertainties are at the 68.3%
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In order to establish relationships between mass, SZE flux, and
other cluster properties, one needs to define a radius out to which
all quantities will be calculated. This radius should be physically
motivated, reachable with the current X-ray and SZE observations,
and equivalent for clusters of different redshift. One candidate is
the virial radius. In a Friedman-Robertson-Walker universe, an
unperturbed spherical region expands indefinitely, while a per-
turbed overdense region (the seed of a future cluster) eventually
recollapses. When the overdense region collapses under the effect
of its own gravity, it is assumed to reach virial equilibrium when
the radius is half of that at maximum expansion (Peebles 1980;
Lacey & Cole 1993). The ratio of the mean cluster density to the
background density at the time of virialization is# v ¼ 18!2 for
a universe with critical matter density ("M ¼ 1). For a different
cosmology with "k ¼ 0, Bryan & Norman (1998) showed that
#v ’ 18!2 þ 82x" 39x2, where x ¼ "M0(1þ z)3 /E2(z) and
E2(z) ¼ "M0(1þ z)3 þ "! þ "k0(1þ z)2, as found from a fit to
numerical simulations (Lacey & Cole 1993).

With this characterization of the mean cluster density at time
of virialization, the virial radius can be determined as the radius
within which the average density of the cluster is #v times the
critical density, via

4

3
!"c(z)# v(z)r

3
vir ¼ Mtot r# v(z)

h i
; ð1Þ

in which both "c(z) and#v(z) are cosmology dependent, and the
critical density "c(z) is defined as

"c(z) ¼
3H 2

0 E(z)
2

8!G
: ð2Þ

Unfortunately, the virial radius is usually unreachable with cur-
rent X-ray and SZE measurements, and one is forced to perform
measurements out to a smaller radius. Such a radius (r#) is char-
acterized by the density contrast parameter# in place of #v(z)
in equation (1), and it corresponds to a higher average density,
4/3ð Þ!"c(z)#r 3# ¼Mtot(r#). We choose a contrast parameter# ¼
2500, corresponding to an average density of 2500 times the
critical density at the cluster’s redshift. This choice is motivated
by the fact that this is the radius typically reachable with our SZE
and X-ray data without any extrapolation of the models (B2006;
L2006).7

2.2. Scaling Relations

The hierarchical structure formation theory developed byKaiser
(1986) predicts simple relationships between physical parameters
of collapsed structures, known as scaling relations. With the as-
sumptions of hydrostatic equilibrium and of an isothermal dis-
tribution for both the dark matter and the cluster gas (e.g., Bryan
&Norman 1998), it can be shown that there is a simple relation-
ship between a cluster’s total mass and its gas temperature Te:

Te / M
2=3
tot E(z)

2=3; ð3Þ

where themass is calculated out to a radius of mean overdensity#,
Mtot ¼ Mtot(r#). For fgas & Mgas /Mtot, [Mgas ¼ Mgas(r#)], the ex-
pected relationship between the gas mass within r# and the gas
temperature is

Te f
2=3
gas / M 2=3

gas E(z)
2=3: ð4Þ

The Compton y-parameter is a measure of the pressure in-
tegrated along the line of sight:

y ¼
Z 1

0

#Tne
kBTe
mec2

dl; ð5Þ

One can further integrate the y-parameter over the solid angle"
subtended by the cluster, to obtain the integrated Compton
y-parameter:

Y &
Z

"
y d" ¼ 1

D2
A

kB#T

mec2

! "Z 1

0

dl

Z

A

neTe dA; ð6Þ

where A is the area of the cluster in the plane of the sky. In the
context of an isothermal model, Y is proportional to the integral
of the electron density ne over a cylindrical volume; thus,

YD2
A / Te

Z
ne dV ¼ MgasTe ¼ fgasMtotTe: ð7Þ

In x 5we consider the effect of integrating gasmasswithin a spher-
ical volume while determining Y in a cylinder. Using equation (3)
we can rewrite equation (7) in terms of either Mtot or Te, or
substitute Mgas /fgas for Mtot , to obtain

YD2
A / fgasT

5=2
e E(z)"1;

YD2
A / fgasM

5=3
tot E(z)

2=3;

YD2
A / f "2=3

gas M 5=3
gas E(z)

2=3: ð8Þ

Equation (8) describes the scaling relations that we investigate
observationally in this paper.

3. SZE AND CHANDRA X-RAY OBSERVATIONS
OF GALAXY CLUSTERS

3.1. Data

We analyze the SZE and X-ray data observations of 38 clusters
in the redshift range z ¼ 0:14Y0:89, observed with the Berkeley-
Illinois-Maryland Array (BIMA) and Owens Valley Radio Ob-
servatory (OVRO) interferometric arrays and with the Chandra
X-ray imaging spectrometers. Both data modeling with the iso-
thermal $-model and the data themselves are presented in B2006
and L2006, the previous two papers in this series. We refer to
L2006 for details on the observations and data modeling and to

7 The use of a constant overdensity factor # was shown by Maughan et al.
(2006) to give results similar to the case of a variable overdensity factor#(z) ¼
#(0)½#v(z)/#v(0)(, in which the variable overdensity scaleswith redshift in order
to keep the ratio of two comoving densities constant.
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For the 100 kpc cut model, we use the likelihood analysis based
on the MCMC method and fit the SZE and X-ray data jointly; !c
and " are linked between X-ray and SZE data sets (Reese et al.
2000), and the X-ray spectral model is also included. Since the
SZE data do not constrain !c and " well individually, the X-ray
data set drives the fit to these parameters while!T0 is allowed to
find its best-fit value. The central 100 kpc are excluded from the
X-ray data but not from the SZE data. Since the data sets are in-
dependent, the X-ray and SZE spatial log likelihoods and spectral
log likelihood are added to determine the joint likelihood for this
model.

For the SZE-only model, the MCMC method is used to fit the
SZE data to an isothermal "-model; " is fixed at 0.7 while !c and
!T0 are allowed to find their best-fit values. An X-ray spectral
model with the central 100 kpc excluded from the X-ray data is
also included. Since the SZE and X-ray data sets are independent,
the SZE spatial log likelihood and X-ray spectral log likelihood
are added to determine the joint likelihood for this model.

4.2.1. Gas Mass, Total Mass, and Gas Mass Fraction

With the best-fit ICMmodel and X-ray temperature in hand, it
is straightforward to compute the gas mass and total mass of the
cluster. For the "-model, the enclosed gas mass is obtained by
integrating the best-fit 3D gas density profile,

Mgas rð Þ ¼ A

Z r=DA

0

1þ !2

!2c

! "%3"=2

!2 d!; ð11Þ

where A ¼ 4#$ene0mpD
3
A, and $e, the mean molecular weight

of the electrons, is determined from the X-ray spectral data. By
assuming the isothermal gas temperature, we can compute the
gas mass independently from both the X-ray and SZE data sets.
For the X-ray data, the model central electron density ne0 can be
expressed analytically as (Birkinshaw et al. 1991)

ne0 ¼
SX04# 1þ zð Þ4 $H=$eð Þ" 3"ð Þ
#eHDA#1=2" 3" % 1=2ð Þ!c

" #1=2

: ð12Þ

For the SZE, the model central electron density can be expressed
as (e.g., Grego et al. 2001)

ne0 ¼
!T0mec

2" 3=2ð Þ"½ '
f X;Teð ÞTCMB%TkBTeDA#1=2" 3=2ð Þ" % 1=2½ '!c

: ð13Þ

For the 100 kpc cut model, we compute the gas mass using equa-
tion (11) by extrapolating the model into the cluster centers. For
the nonisothermal "-model, the gas mass is obtained by integrat-
ing the best-fit central density over a distribution similar to equa-
tion (11) but that accounts for the additional density component.
In this case $e is treated as a constant, as its value changes by only
0.3% over the radial range considered. In the SZE-only analysis,
the gas mass is computed using equation (11) with model central
density from equation (13).

The total mass, Mtotal, can be obtained by solving the hydro-
static equilibrium equation as

Mtotal rð Þ ¼ % kr 2

G$totalmp
Te rð Þ dne rð Þ

dr
þ ne rð Þ dTe rð Þ

dr

# $
: ð14Þ

Under the isothermal assumption, this reduces to the simple
analytic form (e.g., Grego et al. 2001):

Mtotal rð Þ ¼ 3"kTe
G$mp

r 3

r 2c þ r 2
; ð15Þ

which can be used to calculate total masses for both the 100 kpc
cut and SZE-only models. For the nonisothermal "-model, the
temperature derivative in equation (14) is simple to compute
numerically. We then compute X-ray and SZE gas mass fractions
as fgas ¼ Mgas/Mtotal for the sample of 38 clusters.

4.3. Comparison of the Density Models Fit to X-Ray Data

We now compare the results of the X-ray surface brightness
modeling and the cluster parameters extracted using different
ICMmodels. The primary goal of this comparison is to assess the
effects of the isothermal assumption and different treatments of the
cluster core.
Figure 1 shows the isothermal"-model, nonisothermal"-model,

and 100 kpc cut model as fit to both the nonYcool-core cluster
A1995 and the cool-core cluster A1835. TheX-ray surface bright-
ness profiles are background-subtracted and constructed using con-
centric annuli centered on the cluster (e.g., Bonamente et al. 2006).
The model fitting is done to the entire two-dimensional cluster
image. Table 2 lists the spatial (!c and "), spectral (isothermal
spectroscopic gas temperature TX), and inferred (Mgas, Mtotal,
and fgas) cluster quantities obtained using these three ICM mod-
els. The radius r2500 is computed using parameters from the 100 kpc
cut models. Temperature profiles and data points for the non-
isothermal models can be found in Bonamente et al. (2006),
who demonstrate that the spectroscopic data are well fit by the
model temperature profiles.
In the case of A1995 (a nonYcool-core cluster), we find that

the results are largely insensitive to the chosen model. The sur-
face brightness profiles appear well fit by all three models, and
the derived gas masses, total masses, and gas mass fractions are
in good agreement. Although !c and " differ slightly, these param-
eters are sufficiently degenerate that the difference has a very small
effect on the derived masses. These results illustrate that the sim-
ple 100 kpc cut model works as well as the more sophisticated
nonisothermal double "-model for the nonYcool-core clusters.
Analysis of the cool-core cluster A1835, on the other hand,

highlights the importance of a proper treatment of the cluster core.
The most striking differences are the masses derived from the iso-
thermal "-model versus those from the other two models. This
illustrates the shortcomings of a brute force application of the iso-
thermal "-model to cool-core clusters. Themass discrepancies can
be attributed to a poorer fit to the surface brightness at r > 100 kpc;
this arises because the fit is drivenmainly by the extremely high
signal-to-noise ratio data in the cluster core. A1835 and other
cool-core clusters tend to have extremely small core radii and
"-parameters when fit by a single isothermal "-model. We also
find that the X-ray spectroscopic temperature, TX, is biased low
when the core is included in the determination of TX, which has
an additional impact on the total mass estimate of the cluster.
The models can be quantitatively compared using a goodness-

of-fit analysis. Goodness of fit for the X-ray data is assessed
using Monte Carlo simulations, following Winkler et al. (1995).
For a given cluster, we construct the best-fit model and compare
with the data to determine the fit statistic from equation (9). Poisson
noise is then randomly added to the best-fit model, creating 104

new realizations, and the fit statistic is calculated for each by
comparing them with the original best-fit model. The fraction
of simulations that give a lower fit statistic than that of the best-
fit model compared to the data is called the ‘‘goodness’’ (e.g.,
Jonker et al. 2005), with values near 0.5 indicating a good fit to
the data and values near 0 or 1 indicating a poor fit.
In the case of A1995, all three models (standard isothermal ",

100 kpc cut, and nonisothermal) provide acceptable descriptions
of the data, with respective goodness values of 0.416, 0.427, and
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to fit a model to the spectrum and determine the X-ray spectro-
scopic temperature and metallicity of the cluster.

Interferometric radio observations of the cluster SZE were per-
formed at the BIMA observatory and at OVRO. The millimeter-
wave arrays were equipped with 26Y36 GHz receivers for the SZE
observations (Carlstrom et al. 1996). Most of the OVRO and
BIMA telescopes were placed in a compact configuration to pro-
vide sensitivity on angular scales subtended by distant clusters
(typically !10), and a few telescopes were placed at longer base-
lines for simultaneous point-source imaging (Reese et al. 2002).

The SZE data consist of the position in the Fourier domain (u-v
plane) and the visibilities—the real and imaginary Fourier compo-
nent pairs as functions of u and v, which are the Fourier conjugate
variables to right ascension and declination. The effective resolu-
tion of the interferometer, the synthesized beam, depends on the
u-v coverage and is therefore a function of the array configuration
and source position. A typical size for the synthesized beam for the
short baseline data is!10. Details of the SZE data reduction can be
found in Grego et al. (2001) and Reese et al. (2002). Briefly, the
SZE data were reduced using the MIRIAD (Sault et al. 1995) and
MMA (Scoville et al. 1993) software packages. Absolute flux cal-
ibration was performed using Mars observations adopting the
brightness temperature from the Rudy (1987) Mars model. The
gainwasmonitoredwith observations of bright radio point sources
and remained stable at the 1% level over a period of months. Data
were excisedwhen one telescope was shadowed by another, when
cluster observations were not bracketed by two phase calibrators,
when there were anomalous changes in the instrumental response
between calibrator observations, or when there was spurious
correlation.

Images were made with the DIFMAP software package
(Pearson et al. 1994) to inspect the data quality and, using only
long baseline data, to identify and fix the positions of radio point
sources. The point-source fluxes are included as free parameters in
the model fitting, using the same methodology as in Reese et al.
(2002).

4. ANALYSIS METHODS AND MODELING

4.1. Cluster Density Models

The isothermal !-model has frequently been used in the anal-
ysis of X-ray and SZE cluster images (Cavaliere & Fusco-Femiano
1976; Fusco-Femiano 1978; Jones & Forman 1984; Elbaz et al.
1995; Grego et al. 2001; Reese et al. 2002; Ettori et al. 2004). The
three-dimensional (3D) electron number density is given by

ne rð Þ ¼ ne0 1þ r 2

r 2c

! "&3!=2

; ð4Þ

where ne is the electron number density, r is the radius from the
center of the cluster, rc is the core radius of the ICM, and ! is a
power-law index. A convenient feature of the isothermal!-model
is that the X-ray surface brightness and SZE decrement profiles
take simple analytic forms,

SX ¼ SX0 1þ "2

"2c

! " 1&6!ð Þ=2

; ð5Þ

!T ¼ !T0 1þ "2

"2c

! " 1&3!ð Þ=2

; ð6Þ

where SX0 is the central X-ray surface brightness, !T0 is the
central thermodynamic SZE temperature decrement /increment,
and "c is the angular core radius of the cluster.

However, recent deep X-rayChandra observations and numer-
ical simulations indicate that the!-model is not a good description
in the outskirts (r > 1r2500Y1:5r2500) of clusters (Borgani et al.
2004; Vikhlinin et al. 2006); to avoid biases associated with this
effect, we compute masses enclosed within r2500, the radius at
which the mean enclosed mass density is equal to 2500#crit. Re-
sults are not extrapolated beyond this radius. Incidentally, r2500 is
also the outer limiting radius at which both the Chandra (e.g.,
Allen et al. 2004) and BIMA/OVRO data (Grego et al. 2001) pro-
vide strong constraints on the ICM model.
In some clusters the isothermal !-model fails to provide a good

description of the X-ray surface brightness observed in the cluster
core. This is the case, for instance, in highly relaxed clusters with
sharply peaked central X-ray emission. We have therefore devel-
oped two extensions of the isothermal !-model to overcome this
limitation; we describe these new models and their application to
the X-ray and SZE data below.

4.1.1. The 100 kpc Cut Model

First we consider a single isothermal !-model fit to the X-ray
datawith the central 100 kpc excised. The 100 kpc radius is a good
compromise, as it is large enough to exclude the cooling region in
cool-core clusters while keeping a sufficient number of photons to
enable the mass modeling. The X-ray spectroscopic temperature
is also determined using photons extracted from a radial shell be-
tween 100 kpc and r2500. This is referred to as the 100 kpc cut
model in the remainder of this work.
There is no simple way to excise the central 100 kpc from the

interferometric SZE data because these data are fit in the Fourier
plane. We therefore fit the entire SZE data set, while using the
X-ray spectroscopic temperature from the 100 kpc cut model.
The inclusion of the dense core in the SZE data should have little
effect on the derived cluster parameters because the SZE as a
probe of pressure is less sensitive to behavior in the dense core
than are the X-ray data. It should also have little effect on the best-
fit shape parameters, "c and !, because these fits are drivenmainly
by the X-ray data. The SZE data therefore mainly constrain the
overall normalization of the SZE signal, which is insensitive to the
details of the cluster core (e.g., Nagai 2006).

4.1.2. The Nonisothermal Double !-Model

We also develop a more sophisticated cluster plasma model
that takes into account temperature profiles. A motivation for
considering this model is to assess the biases arising from the
isothermal assumption and the effects of the core exclusion in the
previous model.
The model uses a second !-model component to describe the

sharply peaked X-ray emission present in the cores of some clus-
ters (Mohr et al. 1999). The 3D density profile of the double
!-model is expressed by

ne rð Þ ¼ ne0 f 1þ r 2

r 2c1

 !&3!=2

þ 1& fð Þ 1þ r 2

r 2c2

 !&3!=2
2

4

3

5;

ð7Þ

where the two core radii, rc1 and rc2 , describe the narrow, peaked
central density component and the broad, shallow outer density
profile, respectively, and f represents the fractional contribution
of the narrow, peaked component to the central density ne0 (0 '
f ' 1). This model has enough freedom to simultaneously fit
the X-ray surface brightness in the outer regions and the central
emission excess seen in some clusters. We set f ¼ 0 (equivalent
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For the 100 kpc cut model, we use the likelihood analysis based
on the MCMC method and fit the SZE and X-ray data jointly; !c
and " are linked between X-ray and SZE data sets (Reese et al.
2000), and the X-ray spectral model is also included. Since the
SZE data do not constrain !c and " well individually, the X-ray
data set drives the fit to these parameters while!T0 is allowed to
find its best-fit value. The central 100 kpc are excluded from the
X-ray data but not from the SZE data. Since the data sets are in-
dependent, the X-ray and SZE spatial log likelihoods and spectral
log likelihood are added to determine the joint likelihood for this
model.

For the SZE-only model, the MCMC method is used to fit the
SZE data to an isothermal "-model; " is fixed at 0.7 while !c and
!T0 are allowed to find their best-fit values. An X-ray spectral
model with the central 100 kpc excluded from the X-ray data is
also included. Since the SZE and X-ray data sets are independent,
the SZE spatial log likelihood and X-ray spectral log likelihood
are added to determine the joint likelihood for this model.

4.2.1. Gas Mass, Total Mass, and Gas Mass Fraction

With the best-fit ICMmodel and X-ray temperature in hand, it
is straightforward to compute the gas mass and total mass of the
cluster. For the "-model, the enclosed gas mass is obtained by
integrating the best-fit 3D gas density profile,

Mgas rð Þ ¼ A

Z r=DA

0

1þ !2

!2c

! "%3"=2

!2 d!; ð11Þ

where A ¼ 4#$ene0mpD
3
A, and $e, the mean molecular weight

of the electrons, is determined from the X-ray spectral data. By
assuming the isothermal gas temperature, we can compute the
gas mass independently from both the X-ray and SZE data sets.
For the X-ray data, the model central electron density ne0 can be
expressed analytically as (Birkinshaw et al. 1991)

ne0 ¼
SX04# 1þ zð Þ4 $H=$eð Þ" 3"ð Þ
#eHDA#1=2" 3" % 1=2ð Þ!c

" #1=2

: ð12Þ

For the SZE, the model central electron density can be expressed
as (e.g., Grego et al. 2001)

ne0 ¼
!T0mec

2" 3=2ð Þ"½ '
f X;Teð ÞTCMB%TkBTeDA#1=2" 3=2ð Þ" % 1=2½ '!c

: ð13Þ

For the 100 kpc cut model, we compute the gas mass using equa-
tion (11) by extrapolating the model into the cluster centers. For
the nonisothermal "-model, the gas mass is obtained by integrat-
ing the best-fit central density over a distribution similar to equa-
tion (11) but that accounts for the additional density component.
In this case $e is treated as a constant, as its value changes by only
0.3% over the radial range considered. In the SZE-only analysis,
the gas mass is computed using equation (11) with model central
density from equation (13).

The total mass, Mtotal, can be obtained by solving the hydro-
static equilibrium equation as

Mtotal rð Þ ¼ % kr 2

G$totalmp
Te rð Þ dne rð Þ

dr
þ ne rð Þ dTe rð Þ

dr

# $
: ð14Þ

Under the isothermal assumption, this reduces to the simple
analytic form (e.g., Grego et al. 2001):

Mtotal rð Þ ¼ 3"kTe
G$mp

r 3

r 2c þ r 2
; ð15Þ

which can be used to calculate total masses for both the 100 kpc
cut and SZE-only models. For the nonisothermal "-model, the
temperature derivative in equation (14) is simple to compute
numerically. We then compute X-ray and SZE gas mass fractions
as fgas ¼ Mgas/Mtotal for the sample of 38 clusters.

4.3. Comparison of the Density Models Fit to X-Ray Data

We now compare the results of the X-ray surface brightness
modeling and the cluster parameters extracted using different
ICMmodels. The primary goal of this comparison is to assess the
effects of the isothermal assumption and different treatments of the
cluster core.
Figure 1 shows the isothermal"-model, nonisothermal"-model,

and 100 kpc cut model as fit to both the nonYcool-core cluster
A1995 and the cool-core cluster A1835. TheX-ray surface bright-
ness profiles are background-subtracted and constructed using con-
centric annuli centered on the cluster (e.g., Bonamente et al. 2006).
The model fitting is done to the entire two-dimensional cluster
image. Table 2 lists the spatial (!c and "), spectral (isothermal
spectroscopic gas temperature TX), and inferred (Mgas, Mtotal,
and fgas) cluster quantities obtained using these three ICM mod-
els. The radius r2500 is computed using parameters from the 100 kpc
cut models. Temperature profiles and data points for the non-
isothermal models can be found in Bonamente et al. (2006),
who demonstrate that the spectroscopic data are well fit by the
model temperature profiles.
In the case of A1995 (a nonYcool-core cluster), we find that

the results are largely insensitive to the chosen model. The sur-
face brightness profiles appear well fit by all three models, and
the derived gas masses, total masses, and gas mass fractions are
in good agreement. Although !c and " differ slightly, these param-
eters are sufficiently degenerate that the difference has a very small
effect on the derived masses. These results illustrate that the sim-
ple 100 kpc cut model works as well as the more sophisticated
nonisothermal double "-model for the nonYcool-core clusters.
Analysis of the cool-core cluster A1835, on the other hand,

highlights the importance of a proper treatment of the cluster core.
The most striking differences are the masses derived from the iso-
thermal "-model versus those from the other two models. This
illustrates the shortcomings of a brute force application of the iso-
thermal "-model to cool-core clusters. Themass discrepancies can
be attributed to a poorer fit to the surface brightness at r > 100 kpc;
this arises because the fit is drivenmainly by the extremely high
signal-to-noise ratio data in the cluster core. A1835 and other
cool-core clusters tend to have extremely small core radii and
"-parameters when fit by a single isothermal "-model. We also
find that the X-ray spectroscopic temperature, TX, is biased low
when the core is included in the determination of TX, which has
an additional impact on the total mass estimate of the cluster.
The models can be quantitatively compared using a goodness-

of-fit analysis. Goodness of fit for the X-ray data is assessed
using Monte Carlo simulations, following Winkler et al. (1995).
For a given cluster, we construct the best-fit model and compare
with the data to determine the fit statistic from equation (9). Poisson
noise is then randomly added to the best-fit model, creating 104

new realizations, and the fit statistic is calculated for each by
comparing them with the original best-fit model. The fraction
of simulations that give a lower fit statistic than that of the best-
fit model compared to the data is called the ‘‘goodness’’ (e.g.,
Jonker et al. 2005), with values near 0.5 indicating a good fit to
the data and values near 0 or 1 indicating a poor fit.
In the case of A1995, all three models (standard isothermal ",

100 kpc cut, and nonisothermal) provide acceptable descriptions
of the data, with respective goodness values of 0.416, 0.427, and
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2003), and all cluster X-ray properties are derived using data from
the Chandra X-ray Observatory. Finally, our Chandra observa-
tions have an order of magnitude better spatial resolution than
the X-ray data used in previous studies, which greatly improves
our ability to identify and exclude compact foreground sources
that are superimposed on the cluster X-ray emission.

Throughout the paper, we assume a !CDM cosmology with
"M ¼ 0:3, "! ¼ 0:7, and h ¼ 0:7, where h is defined such that
H0 ¼ 100 h km s"1 Mpc"1. All uncertainties are at the 68.3%
confidence level.

2. THEORY OF CLUSTER SCALING RELATIONS

2.1. The Virial Radius and r2500

In order to establish relationships between mass, SZE flux, and
other cluster properties, one needs to define a radius out to which
all quantities will be calculated. This radius should be physically
motivated, reachable with the current X-ray and SZE observations,
and equivalent for clusters of different redshift. One candidate is
the virial radius. In a Friedman-Robertson-Walker universe, an
unperturbed spherical region expands indefinitely, while a per-
turbed overdense region (the seed of a future cluster) eventually
recollapses. When the overdense region collapses under the effect
of its own gravity, it is assumed to reach virial equilibrium when
the radius is half of that at maximum expansion (Peebles 1980;
Lacey & Cole 1993). The ratio of the mean cluster density to the
background density at the time of virialization is# v ¼ 18!2 for
a universe with critical matter density ("M ¼ 1). For a different
cosmology with "k ¼ 0, Bryan & Norman (1998) showed that
#v ’ 18!2 þ 82x" 39x2, where x ¼ "M0(1þ z)3 /E2(z) and
E2(z) ¼ "M0(1þ z)3 þ "! þ "k0(1þ z)2, as found from a fit to
numerical simulations (Lacey & Cole 1993).

With this characterization of the mean cluster density at time
of virialization, the virial radius can be determined as the radius
within which the average density of the cluster is #v times the
critical density, via

4

3
!"c(z)# v(z)r

3
vir ¼ Mtot r# v(z)

h i
; ð1Þ

in which both "c(z) and#v(z) are cosmology dependent, and the
critical density "c(z) is defined as

"c(z) ¼
3H 2

0 E(z)
2

8!G
: ð2Þ

Unfortunately, the virial radius is usually unreachable with cur-
rent X-ray and SZE measurements, and one is forced to perform
measurements out to a smaller radius. Such a radius (r#) is char-
acterized by the density contrast parameter# in place of #v(z)
in equation (1), and it corresponds to a higher average density,
4/3ð Þ!"c(z)#r 3# ¼Mtot(r#). We choose a contrast parameter# ¼
2500, corresponding to an average density of 2500 times the
critical density at the cluster’s redshift. This choice is motivated
by the fact that this is the radius typically reachable with our SZE
and X-ray data without any extrapolation of the models (B2006;
L2006).7

2.2. Scaling Relations

The hierarchical structure formation theory developed byKaiser
(1986) predicts simple relationships between physical parameters
of collapsed structures, known as scaling relations. With the as-
sumptions of hydrostatic equilibrium and of an isothermal dis-
tribution for both the dark matter and the cluster gas (e.g., Bryan
&Norman 1998), it can be shown that there is a simple relation-
ship between a cluster’s total mass and its gas temperature Te:

Te / M
2=3
tot E(z)

2=3; ð3Þ

where themass is calculated out to a radius of mean overdensity#,
Mtot ¼ Mtot(r#). For fgas & Mgas /Mtot, [Mgas ¼ Mgas(r#)], the ex-
pected relationship between the gas mass within r# and the gas
temperature is

Te f
2=3
gas / M 2=3

gas E(z)
2=3: ð4Þ

The Compton y-parameter is a measure of the pressure in-
tegrated along the line of sight:

y ¼
Z 1

0

#Tne
kBTe
mec2

dl; ð5Þ

One can further integrate the y-parameter over the solid angle"
subtended by the cluster, to obtain the integrated Compton
y-parameter:

Y &
Z

"
y d" ¼ 1

D2
A

kB#T

mec2

! "Z 1

0

dl

Z

A

neTe dA; ð6Þ

where A is the area of the cluster in the plane of the sky. In the
context of an isothermal model, Y is proportional to the integral
of the electron density ne over a cylindrical volume; thus,

YD2
A / Te

Z
ne dV ¼ MgasTe ¼ fgasMtotTe: ð7Þ

In x 5we consider the effect of integrating gasmasswithin a spher-
ical volume while determining Y in a cylinder. Using equation (3)
we can rewrite equation (7) in terms of either Mtot or Te, or
substitute Mgas /fgas for Mtot , to obtain

YD2
A / fgasT

5=2
e E(z)"1;

YD2
A / fgasM

5=3
tot E(z)

2=3;

YD2
A / f "2=3

gas M 5=3
gas E(z)

2=3: ð8Þ

Equation (8) describes the scaling relations that we investigate
observationally in this paper.

3. SZE AND CHANDRA X-RAY OBSERVATIONS
OF GALAXY CLUSTERS

3.1. Data

We analyze the SZE and X-ray data observations of 38 clusters
in the redshift range z ¼ 0:14Y0:89, observed with the Berkeley-
Illinois-Maryland Array (BIMA) and Owens Valley Radio Ob-
servatory (OVRO) interferometric arrays and with the Chandra
X-ray imaging spectrometers. Both data modeling with the iso-
thermal $-model and the data themselves are presented in B2006
and L2006, the previous two papers in this series. We refer to
L2006 for details on the observations and data modeling and to

7 The use of a constant overdensity factor # was shown by Maughan et al.
(2006) to give results similar to the case of a variable overdensity factor#(z) ¼
#(0)½#v(z)/#v(0)(, in which the variable overdensity scaleswith redshift in order
to keep the ratio of two comoving densities constant.
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Clusters as Cosmological Tools

Scaling relations and universal pressure profile suggest clusters are  
“well-behaved” and close to self-similar expectations

What can we do with them?
Geometrical tests

Angular diameter distance as function of z: 
assume X-ray and SZ derived from same spherical plasma; different dependences on DA (ne vs. ne2) 

enable reconstruction of DA (e.g., Wan et al 2021)

assume fgas is independent of z and use differing dependences of estimates for Mgas and Mtot on DA to 
estimate DA (e.g.,  Mantz et al 2022)

Growth function + volume element tests: indirect measurements of  
cosmo params Ωm, ΩΛ, equation of state parameter w 

dN(>M)/dz as function of z: abundance of clusters above a mass threshold as function of z 
measures combination of growth function and volume element,  
present day value measures normalization of density fluct. PS, σ8

dN/dM as function of z: variation in mass function with z measures growth function, present 
day value measures normalization of density fluct. PS, σ8

SZ secondary anisotropy spectrum: ensemble of clusters over cosmic time 

All need connection between M and an observable: scaling relations v. important

M-independent prospect: peculiar velocity field via kinetic SZ effect

7
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Clusters as Cosmological Tools

dN(>M)/dz from eROSITA
First all-sky X-ray survey since  

ROSAT RASS in 1990s
(but sky split between Germany 

and Russia…)

Mass calibrated using lensing
Scatter contributes to uncertainty

Consistent with other cosmo  
probes, helps to tighten 
constraints

8
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5259 clusters

grey: eRASS Germany 
dots: optically confirmed; outlines: lensing overlap
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It’s really more complicated than that...

1

9

= [25’, 14’, 7.6’, 5.8’] at z = [0.1, 0.2, 0.5, 1.0]
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Questions, Questions, Questions

Underlying structure
Does the dark matter profile match simulations? Is it reflective of the redshift of formation? How does it 

evolve with time? How do scaling relation parameters depend on formation history and current 
morphology? How much dark matter substructure is preserved?

Composition
What is the baryon fraction as a function of radius and redshift? How are the baryons divided among stars, 

cold gas, and hot gas?  What is the metallicity as a function of radius and redshift? Is there segregation of 
different elements?  How did cluster magnetic fields come into existence and evolve?

Formation and Virialization
How is the kinetic energy of infalling gas thermalized?  What are the bulk motions in the ICM?  What do they 

tell us about the cluster assembly history?  How much does the ICM deviate from hydrostatic equilibrium?  
What is the size and cause of temperature gradients in the ICM?

Energy Input and Loss Mechanisms
What is the role of radiative cooling?  What is the form and effect of feedback from galaxies (AGN, winds, 

cosmic rays)?  What is the cosmic ray content of the ICM?  What impact does it have on the 
thermodynamics?

Physics of the ICM Plasma
What is the microscopic plasma physics of the ICM: thermal conductivity, viscosity, electron-ion equilibration 

time?  What is the level of turbulence in the ICM?  How is it created?  Is the ICM stable against convective 
instability?  What is the magnetohydrodynamics of the ICM, and how does it affect the plasma’s properties?

What are the systematic limits on our ability to constrain cosmology with clusters?

10
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What is the distribution of galaxy cluster shapes?

12

CLASH Triaxial Shapes

• Clusters not spherical → better described as triaxial ellipses

• SZ brightness ∼ neTe∆l, X-ray brightness ∼ n2
e
∆l → can

constrain LOS cluster length ∆l ∼ SZ2/(XR× T 2
e
)

• More robust c–M , recently formed halos less spherical
(hints of this in CLASH, Sereno+ 2018 (w/ JS & SG))

Minor/Major Axial Ratio Intermediate/Major Axial Ratio
P

ro
b

ab
ili

ty

P
ro

b
ab
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ty

Ay 111 - October 16, 2020 Jack Sayers

 less spherical⟵ Sereno et al 2018

XMM-Heritage Triaxial Shapes
• XMM-Heritage → 3
Msec XMM-Newton

program w/ 118 SZ-
selected galaxy clusters
(JS co-chair of SZ WG)

• X-ray observations com-
plete mid 2021

• Lensing ongoing (inc.
JS & SG w/ Subaru via
Keck exchange)

Redshift

M
as

s 
(M

5
0

0
) 

The 118 XMM-Heritage clusters

• ×5 more clusters than CLASH → definitive triaxial analysis

• Opportunities for ! 1 yr demo, multi-yr full analysis
Ay 111 - October 16, 2020 Jack Sayers

Motivation
Shapes depend on  

how/when galaxy  
clusters form;

 sensitive to 
underlying cosmology
dark matter self-interactions
detailed properties of gravity
non-gravitational physical processes in the ICM

Clusters ~ triaxial ellipses

SZ brightness , X-ray brightness  
 constrain LOS cluster length 

CLASH triaxial shape analysis w/SZ + XR
more robust concentration-mass relation than lensing alone

suggests recently formed halos less spherical

XMM-Heritage Triaxial Shape program
3 Msec for 118 SZ-selected clusters SZ WG, obs done

weak lensing via Caltech Subaru exchange time

x5 more clusters than CLASH  definitive analysis

demo projects completed, multi-year analysis of full sample underway

⟹

∼ neTe Δl ∼ n2
e Δl

⟹ Δl ∼ (SZ )2 /(XR × T2
e )

⟹

volume limited
mass limited
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Triaxial Modeling of A1689
Ph Y4 grad A. Gavidia, former  

pd J. Kim (  Asst Prof, KAIST)

Mass estimate difference 
 statistical uncertainties: 

triaxial modeling needed for 
10%-level mass estimates

Concentration affected at 
~ statistical uncertainty: 
potential significant bias 
in a large sample

CHEX-MATE systematics
Ay Y3 grad H. Saxena

Triaxiality important! 

Selection function depends  
on orientation angle; 
also elongation

Weak lensing mass 
estimates biased  
by up to 2%
Up to 5% for Tier 1

Critical for %-level constraints!

→

≫

CHEX-MATE Results To Date

13

 = orientation
of major axis
relative to 
line-of-sight

θ
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Triaxial Modeling of A1689
Ph Y4 grad A. Gavidia, former  

pd J. Kim (  Asst Prof, KAIST)

Mass estimate difference 
 statistical uncertainties: 

triaxial modeling needed for 
10%-level mass estimates

Concentration affected at 
~ statistical uncertainty: 
potential significant bias 
in a large sample

CHEX-MATE systematics
Ay Y3 grad H. Saxena

Triaxiality important! 

Selection function depends  
on orientation angle; 
also elongation

Weak lensing mass 
estimates biased  
by up to 2%
Up to 5% for Tier 1

Critical for %-level constraints!

→

≫

CHEX-MATE Results To Date

14

Two papers published, third has been reviewed!

Analysis beginning to calibrate Euclid,  
which requires 1% accuracy in WL masses!
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Non-Thermal Pressure → tSZ Deficit
Prior results

Weak-lensing + X-ray + Bolocam tSZ for CLASH

Consistency with simulations observed at large radius

Non-thermal pressure at small radius lower than sims

 There is thermalization not accounted for by sims

CHEX-MATE will test this with more statistical precision 
and cleaner selection function

Initial CHEX-MATE results
Abell 1689 consistent with being relaxed, low 

⟹

Pnt
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Non-Thermal Motions in the ICM

• Siegel+ analysis assumed spherical symmetry → degeneracy
between level of non-thermal motion and LOS elongation

• Recently completed a full analysis of CLASH using 3-D
triaxial fits → closer to simulations (Sayers+ in prep)

• Opportunities for follow-on studies w/ XMM-Heritage

Ay 111 - October 16, 2020 Jack Sayers

Non-Thermal Motions in the ICM

• Siegel+ analysis assumed spherical symmetry → degeneracy
between level of non-thermal motion and LOS elongation

• Recently completed a full analysis of CLASH using 3-D
triaxial fits → closer to simulations (Sayers+ in prep)

• Opportunities for follow-on studies w/ XMM-Heritage

Ay 111 - October 16, 2020 Jack Sayers

CLASH (16 clusters, ad hoc selection)
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Bonus: Contraints on Self-Interacting DM

Halo axial ratios tests whether 
DM is self-interacting (SIDM)
SIDM causes rounding of halos
Could address “core-cusp” problem 

in dwarf galaxies
Density profiles flatter than 

expected for non-SIDM
Baryonic systematic limit ability 

to directly measure

Bullet Cluster geometries  
constraining but rare

 1 cm2/g from Bullet
Triaxiality tests provide more 

statistical power

CHEX-MATE will improve 
constraint to 0.15 cm2/g

≲

±

16

Major Axial Ratio (q1)

CDM
SIDM (0.1 cm2 g-1)
SIDM (1.0 cm2 g-1)

rounder
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Fig. 6.— Our best-fit SZ spectra. The top row shows the fits to sub-cluster B, and the bottom row shows the fits to sub-cluster C. The
left column shows the SZ surface brightnesses we determine from the model fit, and the right column shows the SZ surface brightnesses we
determine via direct integration of the deconvolved images. The best-fit thermal-SZ-only spectrum is shown in red, the best-fit kinetic SZ
spectrum is shown in green, and the best-fit thermal plus kinetic SZ spectrum is shown in blue, with the widths showing the 1σ confidence
region of the fits. We include relativistic corrections in all of the spectra.

9.2. Limitations to Our Kinetic SZ Constraints

Given the range of multi-wavelength data that we use
to place constraints on vz, we also estimate how each
of these datasets contribute to our overall uncertainties.
First, as noted in Section 4.3, previous results have in-
dicated that there is a systematic difference in temper-
atures derived from Chandra and XMM, and the tem-
peratures we measure are in general agreement with this
systematic difference. At this point, the cause of this
difference has not been conclusively demonstrated. Due
to this lack of a conclusive understanding of the differ-
ence, combined with the fact that the difference between
the X-ray temperatures we derive from the two observa-
tories is of modest statistical significance, we choose to
constrain the electron temperatures via the joint likeli-
hood from the Chandra and XMM data. If we instead
adopt the XMM-only values of Te, then we find best-fit
values of vz equal to +3300 km s−1 and +2450 km s−1 for
the model fit and direct integration of sub-cluster B and
−450 km s−1 and −400 km s−1 for the model fit and di-
rect integration of sub-cluster C. If we instead adopt the
Chandra-only values of Te, then we find best-fit values vz

equal to +4000 km s−1 and +2900 km s−1 for the model
fit and direct integration of sub-cluster B and −550 km
s−1 and −450 km s−1 for the model fit and direct inte-
gration of sub-cluster C. For sub-cluster B, the Chandra-
only temperatures yield line-of-sight velocities that differ
by " 0.5σ, but all of the other values are statistically in-
distinguishable from our results in Table 3. Therefore,

we conclude that X-ray calibration uncertainties do not
strongly affect our constraints on vz . We further note
that the significance of our kinetic SZ measurement from
vz = 0 is nearly independent of the exact value of Te and
the slight differences in vz for the different temperatures
are due to the inverse relationship between Te and τe for
a fixed y, coupled with the inverse relationship between
vz and τe for a fixed kinetic SZ surface brightness.

To assess the impact of the X-ray uncertainties on Te,
we also rerun all of our fits with vanishing uncertainties
on the X-ray derived Te. Even in the case of sub-cluster
C, when using the Chandra-only measurement with un-
certainties of Te

+7.8
−3.8 keV, the derived uncertainties on

vz increase by only " 10% when using the measured un-
certainties instead of assuming that the uncertainty on
Te is equal to 0. Therefore, the X-ray uncertainties are
not significant in our overall error budget on vz.

To determine the effect of the CIB on our measure-
ment of vz, we also compute the SZ brightness under
the assumption that the CIB is completely and noise-
lessly subtracted from the data. Specifically, compared
to our default noise realizations, we remove the noise
from the undetected CIB, along with our uncertainties
on the subtracted CIB (see the Appendix). This results
in a negligible change in the 140 GHz surface brightness
uncertainties, and a " 10−20% reduction in the 268 GHz
surface brightness uncertainties. There is a correspond-
ing " 10 − 20% reduction in our derived uncertainties
on vz. In addition, we estimate the potential bias that

ICM Velocity Structure in Mergers
Question: 

What are the dynamics and associated physics processes in cluster mergers?

Motivation: 
~ half of a typical cluster’s mass is acquired from mergers

Merger velocities are sensitive to cosmology

Interesting merger-driven physics — shocks, sloshing cores, etc.

Approach
Most studies use plane-of-sky morphology (e.g., Bullet cluster)

Line-of-sight ICM velocity is now become accessible:
X-ray spectroscopy: XRISM (now), Athena (future)
Doppler shift via kinetic SZ

First demonstration:

17

9

Fig. 4.— Thumbnails of the deconvolved Bolocam images at 140 and 268 GHz. We have scaled both images to units of Compton-y,
including positionally dependent relativistic corrections based on the X-ray-determined temperature map. The relativistic corrections
generally range from 8 − 15% at 140 GHz and from 20 − 40% at 268 GHz. The 140 GHz image is smoothed with a 60′′ Gaussian, and the
268 GHz image is smoothed with a 30′′ Gaussian. The contours are spaced by 1× 10−4, with solid showing positive y and dashed showing
negative y. The green circles show the 1′ diameter apertures centered on sub-cluster C (lower left) and sub-cluster B (upper right). The
total Compton-y signal towards sub-cluster C is nearly identical at the two wavelengths, while there is a clear difference towards sub-cluster
B.

distribution of 1000 values is consistent with Gaussian,
and we find PTEs of 0.75 and 0.57 at 140 and 268 GHz,
respectively. We note that these surface brightness val-
ues are consistent with those derived from the best-fit
model, although there is significantly more measurement
uncertainty on the 268 GHz value. This additional un-
certainty is a result of the significant large-angular-scale
atmospheric noise in those data, which is amplified by
the deconvolution of the signal transfer function.

6.2. Systematic Uncertainties

First, we note that our flux calibration is accurate to
5% at 140 GHz, and to 10% at 268 GHz (Sayers et al.
2012). We have included these uncertainties in our sys-
tematic error budget.

To estimate the systematic errors due to the model-
dependence of our results, we repeat our analysis of
computing model-based and directly integrated surface
brightnesses towards sub-cluster B at both 140 and
268 GHz using a range of different models, with a sum-
mary of the results in Table 1. First, we replace the
baseline pseudo Compton-y map we use in our model
with a set of 20 realizations of the pseudo Compton-y
map that we generate according to the X-ray measure-
ment uncertainties on the mean Te for each contbin re-
gion (see Section 4.2). Next, we constrain our baseline
model using 3′ × 3′ and 5′ × 5′ regions of the Bolocam
images instead of the nominal 4′ × 4′ region we use in
Section 5. In addition, we consider an SZ model that
does not include the pseudo Compton-y map, and in-
stead only includes SZ templates centered on the sub-
clusters. We repeat the F-test decision tree described in
Section 5 to determine which of the sub-clusters require
an SZ template for this model. We find that, without the
pseudo Compton-y map, the data require SZ templates
centered on sub-clusters B, C, and D. This fit produces
a PTE of 0.64, indicating that the data are adequately
described by this model.16 Furthermore, we re-ran the
F-test decision tree with the PTE threshold increased by

16 The adequacy of this somewhat simple and ad-hoc model in
describing our data is likely due to Bolocam’s coarse angular res-
olution, which largely blurs any sub-structures not well described

a factor of two to 0.04. With this new threshold, the
model consists of the pseudo Compton-y map with a sin-
gle normalization, along with SZ templates centered on
sub-clusters A and B (i.e., relative to the baseline model,
an additional SZ template is required for sub-cluster A).
Finally, we determine the effects of varying the scale ra-
dius of the profile used as a template of the SZ signal
towards sub-cluster B. We vary the scale radius over a
range of 0.67− 1.5 times its nominal value, which corre-
sponds to a scaling of the assumed mass of sub-cluster B
by a factor of 0.3 − 3.4.

Considering this broad range of possible models that
we could have chosen to describe our data, we find that
the model-derived surface brightness of sub-cluster B
never changes by more than 1.0 times the measurement
uncertainties given in Section 6.1. For the surface bright-
ness values obtained from direct integration of the de-
convolved images, we find that the change is never larger
than 0.6 times the uncertainties given in Section 6.1. As
expected, the model-derived surface brightnesses have
a stronger model dependence compared to the directly
integrated surface brightnesses, although the latter still
have a noticeable model-dependence due to the method
by which we constrain the DC signal level of the decon-
volved image. Based on these results, we conservatively
include an additional systematic uncertainty of 1.0 times
the measurement uncertainty for the model-derived sur-
face brightnesses, and 0.6 times the measurement uncer-
tainty for the directly integrated surface brightnesses. A
full summary of our best-fit surface brightnesses, along
with the full error budget on these values, is given in
Table 2.

In addition to exploring how our choice of model affects
our results, we also examine the effects of varying the
aperture we use to compute the average surface bright-
ness towards sub-cluster B. First, we examine three pos-
sible choices for the location of sub-cluster B: 1) the loca-
tion given by Ma et al. (2009) based on the distribution of

by the smooth SZ templates. However, we note that this model
requires twice as many free parameters as our baseline model in
order to obtain an adequate fit according to our F-test decision
tree.

Sayers et al 2013, ApJ 778: 52 (2013) 

1 mm deficit  
→ kSZ

Red = tSZ
Green = kSZ

Purple = total

green: optical
contours: lensing (Limousin et al 2012)  

red: 140 GHz; blue: 268 GHz
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ICM Velocity Structure in Mergers
Expanded project:

Consistent detection 
of vz rms in excess 
of noise for  
mergers, none for 
relaxed clusters

Cluster member vz via  
Keck spectroscopy

LMT/Toltec better  
mm-wave data: 
time allotted

18

green: optical
contours: lensing (Limousin et al 2012)  

red: 140 GHz; blue: 268 GHz

14 Sayers et al.

Figure 7. Maps of the LOS velocity vz obtained from our analysis. In all cases the images have been smoothed to an e↵ective
resolution of 7000 FWHM, and the solid/dashed grey contours begin at +2�/�2� and are separated by 1�. Because the S/N
scales mainly with the strength of the kinematic SZ e↵ect signal, which is the product of vz and ⌧e, the contours do not strictly
follow the values of vz due to variations in ⌧e over the galaxy clusters’ faces. Furthermore, to eliminate large un-physical values
of vz, these images have been appodized in regions where the value of ⌧e is less than 0.5 times its peak value for each galaxy
cluster.

tion limit within any single resolution element, we also
computed the rms of the vz map over the galaxy clus-
ter face within R2500. This value was then divided by
the expected rms empirically calculated from our set of
1000 noise realizations for each galaxy cluster, and the
resulting normalized vz rms for each galaxy cluster is
given in Table 7 and plotted in Figure 8.
For two galaxy clusters, Abell 0697 and MACS

J0717.5+3745, both of which were previously identi-
fied as having a merger oriented along the LOS, the
normalized vz rms is di↵erent from one at a signifi-
cance of ' 4�, indicating the presence of LOS velocity
fluctuations over each galaxy cluster’s face. Further
supporting our detection of velocity fluctuations in each
galaxy cluster, we note that their vz morphologies are in
good agreement with those obtained from optical spec-
troscopy. Specifically, Ma et al. (2009) found a large
positive vz NW of the galaxy cluster center of MACS
J0717.5+3745, coincident with the positive vz feature
in our image, and the measurements of Girardi et al.
(2006) show a gradient of increasing vz from ESE to
WNW in Abell 0697, identical in orientation to the
gradient we found. The two other galaxy clusters pre-
viously identified as having a merger along the LOS,
MACS J0018.5+1626 and MACS J2129.4�0741, also
show a normalized vz rms larger than one, although at
modest statistical significance. Given that the typical
noise rms per 7000 resolution element is ' 1000 km s�1,

the normalized vz rms in each of the four likely LOS
merger galaxy clusters suggests an internal vz structure
with an rms & 1000 km s�1. In contrast, the six galaxy
clusters previously identified as relaxed or likely POS
mergers show a normalized vz rms consistent with one,
with an overall mean value of 0.96 ± 0.05, thus sug-
gesting that any internal vz structure in these galaxy
clusters has an rms . 1000 km s�1.
One of the galaxy clusters in our sample, MACS

J0717.5+3745, has been the target of several previous
kinematic SZ e↵ect studies, most notably by Sayers
et al. (2013a) and Adam et al. (2017). Sayers et al.
(2013a) used nearly identical data to those used in
our study, although they included X-ray observations
from XMM-Newton and they did not use Planck SZ
e↵ect data. They also used a much more individual-
ized SZ e↵ect analysis based on a spatial template de-
rived from the X-ray data and a focus solely on the
signal within 6000 diameter apertures centered on sub-
clusters “B” and “C”. Their “direct integration” results
are the most comparable to those obtained in our more
general SZ e↵ect analysis, and they obtained best-fit
vz values of +2550 ± 1050 km s�1 towards “B” and
�500±1600 km s�1 towards “C”. At the same positions
in our vz map, we obtained values of 2100± 700 km s�1

and �400± 800 km s�1. The shift to a smaller positive
vz for sub-cluster “B” was driven mainly by our correc-
tion for the lensing-induced deficit in the CIB, which
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Figure 8. The rms of the vz map within R2500, normal-
ized by the expected rms computed based on the 1000 noise
realizations for each galaxy cluster. The six galaxy clusters
previously identified as POS mergers or relaxed are in blue
and show values consistent with one, and an overall mean of
0.96± 0.05, indicating no evidence for vz variations over the
galaxy clusters’ faces. In contrast, the four galaxy clusters
previously identified as having a merger oriented along the
LOS are in red and all show a normalized vz rms greater
than one. Two of these galaxy clusters, Abell 0697 and
MACS J0717.5+3745, individually show evidence for inter-
nal vz variations at a significance of ' 4�.

was not included in the analysis of Sayers et al. (2013a).
This also drove a shift towards a larger negative vz for
“C”, but this shift was more than compensated for by
the significantly lower Te obtained in our analysis, which
resulted in a larger best-fit ⌧e and subsequently smaller
magnitude for vz. The smaller uncertainties obtained in
our analysis were due to the combination of: a larger
aperture (7000 compared to 6000); larger best-fit values
for ⌧e, particularly for “C”; improved calibration; and,
most significantly, the inclusion of Planck SZ e↵ect data
to better constrain the large angular scale signal.
Using completely independent SZ e↵ect measure-

ments, Adam et al. (2017) measured best-fit vz val-
ues of +6600+3200

�2400 km s�1 and �4100+1600
�1100 km s�1 for

sub-clusters “B” and “C”. These values are in modest
(. 2�) tension with the values we obtained in our anal-
ysis, although we note that Adam et al. (2017) found vz
equal to +2100+500

�450 km s�1 for sub-cluster “B” using an
alternate analysis which included stronger X-ray priors,
fully consistent with our measurement. Furthermore,
the NIKA SZ e↵ect observations used by Adam et al.

(2017) had a factor of ' 3 finer angular resolution com-
pared to our Bolocam/AzTEC data, better isolating the
sub-clusters and producing more significant excursions
in their vz map of the galaxy cluster (5.1� and 3.4� for
“B” and “C”).

7. SUMMARY

We have used observations from Bolocam and AzTEC
to image the SZ e↵ect signal towards a sample of ten
galaxy clusters at 140 and 270 GHz. In support of these
data, we have also made use of a number of additional
observations. The Planck all-sky y–maps were used to
help constrain the large-angular scale signal in order to
obtain spatial templates of the SZ e↵ect signal. In ad-
dition, three-band Herschel–SPIRE imaging was used
to subtract the emission from DSFGs, which was sig-
nificant compared to the SZ e↵ect signal at 270 GHz.
Furthermore, HST data were used to obtain detailed
mass models for each galaxy cluster in order to prop-
erly account for lensing of the background CIB. Finally,
Chandra X-ray spectroscopic imaging was used to obtain
resolved maps of the ICM temperature Te.
From this analysis, we produced galaxy cluster-

averaged fits to the SZ e↵ect brightness at 140 and
270 GHz in order to constrain the average optical depth
and bulk LOS velocity vz within R2500. Our typical
measurement uncertainties on vz were 500–1000 km s�1,
a factor of 2–4 larger than the typical values of vz ex-
pected from simulations. We did not detect vz at high
significance in any single galaxy cluster, and the ensem-
ble average velocity was consistent with zero, particu-
larly when intrinsic scatter was accounted for in the fit.
When fitting for the intrinsic scatter, we did not obtain
a significant detection, but we did find an upper limit
competitive with those produced by statistical stacks in
CMB survey data.
In addition to fitting for the galaxy cluster-average

SZ e↵ect brightness, we also produced images of the
electron optical depth ⌧e and the LOS velocity vz with
a resolution of 7000. In all cases, ⌧e was detected at
high significance near the galaxy cluster center. We did
not obtain a significant detection of vz within any sin-
gle resolution element for any of the galaxy clusters in
our sample, with the exception of the previously iden-
tified sub-component of MACS J0717.5+3745. How-
ever, the vz maps for two galaxy clusters, Abell 0697
and MACS J0717.5+3745, showed an excess variance
over the galaxy clusters’ faces compared to the expecta-
tion from noise at a significance of 4�, indicating the
presence of a LOS velocity structure with an rms of
& 1000 km s�1. The two other galaxy clusters pre-
viously identified as having a merger along the LOS,

Detailed Studies of Cluster Mergers

• Now obtaining dense member-galaxy spectroscopy from
Keck to measure dark matter velocity over cluster face

• Will combine w/ kSZ and X-ray morphology to characterize
merger details via comparison w/ simulations

• Opportunities to lead this analysis - ∼ 1 yr timescale

kSZ Velocity Spec Velocity

Ay 111 - October 16, 2020 Jack Sayers

Sayers et al, ApJ 880:45 (2019)brown: mergers; blue: relaxed
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Joint Lensing/X-Ray/kSZ/vz modeling of galaxy mergers (Emily Silich, Y5 Ay grad)
Merger simulations provided by John ZuHone (CfA)

X-ray and spectroscopy reductions initially by collaborators, moving in-house

Forward-model all the data and identify best initial conditions statistically and by eye
Discovered DM-baryon velocity decoupling analogous to spatial decoupling in Bullet Cluster (DM tests!)

Now defining more rigorous statistical tests for sim-data comparisons
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Probing ICM Turbulence in A3366 (Merger)
ICM turbulence provides  

significant non-thermal  
pressure support ( ). 
What is the physics?
Is it Kolmogorov ( )?

What is injection scale?
Large: accretion
Small: galaxy feedback

ICM density fluctuations 
provide a probe

Sims   

use density (X-ray) and 
pressure (SZ) fluctuations 
to measure velocity 
fluctuations

SZ probes to larger radius

SZ/X = 1.4  0.7
> 1 consistent with  

expectations 
for mergers
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A New Explanation for the Cooling Flow Problem: Cosmic Rays
Cooling flow problem

X-ray emission around brightest 
cluster galaxy at center implies 
high radiative cooling rate: gas should 
cool, collapse, and form stars

But this star formation not seen

Novel proposal by Hopkins and Quataert:
not thermal bremsstrahlung, but inverse  

Compton scattering of CMB off ancient  
0.1-1 GeV cosmic ray electrons

Test by comparing high-resolution  
SZ-inferred thermal pressure to X-ray
Expect SZ pressure deficit relative to  

X-ray because X-ray overestimates

~3  signal in first test on Zw Cl 3146σ
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Hopkins et al 2025
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A New Solution to the Cooling Flow Problem: Cosmic Rays
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high radiative cooling rate: gas should 
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Systematics Limits to  
kSZ Precision

Multi-band coverage necessary  
for teasing apart SZ effects and  
contaminating galaxies, 
degeneracy between vpec and Te

Ongoing project to simulate 
ultimate limits to kSZ sensitivity 
for bulk (cosmological) and 
internal ICM velocities
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Preparing for Future kSZ Velocity Measurements Golwala
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) Figure 2: An example surface bright-
ness spectrum towards a massive galaxy
cluster. Dashed red: tSZ; dashed orange:
relativistic corrections for an electron temper-
ature Te = 5 keV; dashed blue: kSZ signal
for vz = 500 km/s; solid black: total SZ sig-
nal, dashed black: radio galaxies. The aver-
age surface brightness for dusty submillimeter
galaxies is given as a solid black line, which
exceeds the vertical scale of the plot at fre-
quencies above 350 GHz and continues to rise.
The locations of the 9 observing bands for the
EPIC-IM satellite concept, most of which are
accessible from the ground, are shown as col-
ored bars.

with the tSZ effect, there are small relativistic corrections to the kSZ signal (e.g., [89, 122, 91, 26]).
An example SZ spectrum, along with other relevant astrophysical signals, is given in Figure 2.

2.2 Current kSZ Measurements

Despite the great promise of kSZ surveys, measurements of the kSZ signal have proven to be a
significant observational challenge, although there has been recent progress. For example, data
from the WMAP and Planck satellites have been used to place upper limits on bulk flows and rms
variations in vz via the kSZ signal [59, 93, 99]. In addition, Hand et al. [48] used a combination of
ACT and Sloan Digital Sky Survey III data to constrain the mean pairwise momentum of clusters
using a kSZ signature that is inconsistent with noise at a confidence level of 99.8%. Furthermore,
upper limits on the kSZ power spectrum measured by the ACT and SPT have been used to inform
cosmological simulations and to place constraints on the reionization history of the universe [107,
142, 43, 34, 33]. In addition to these statistical constraints from large surveys, several attempts
have been made over the past two decades to detect the kSZ signal towards a variety of individual
massive clusters using a range of ground-based receivers (e.g., [55, 13, 60, 143, 77, 83, 121]).

Our recent measurement of the kSZ signal using 140, 268, 600, 850, and 1200 GHz data from
Bolocam and Herschel-SPIRE towards one of the sub-clusters of MACS J0717.5+3745, which was
led by senior personnel Sayers and includes PI Golwala and senior personnel Zemcov as two of the
main coauthors [121], is the most significant kSZ detection to date, with vz = 3450 ± 900 km/s
(see Figure 3). We examine the error budget of this state-of-the art kSZ measurement to better
understand the challenges that will be faced by future efforts.

First, there is significant signal from the cosmic infrared background (CIB) composed mainly
of dusty star-forming galaxies (also known as submillimeter galaxies, or SMGs) in the 268 GHz
data. Although we used high frequency measurements from Herschel-SPIRE to subtract the ≃ 200
brightest galaxies behind MACS J0717.5, the residual noise from the remaining galaxies degrades
σv by ≃ 20%. Noise from primary CMB fluctuations also degrades σv, although by ! 10% for
this high-z cluster. The Bolocam data are calibrated with an absolute uncertainty of 5% and
10% at 140 and 268 GHz, respectively, only a factor of ≃ 2 below the raw kSZ measurement
uncertainties. Deeper data will require better calibration. Finally, our measurement relied on deep
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Goal: analyze a representative sample of clusters with a variety of instrumentation 
choices, comparing and quantifying constraints on vz & cosmology

Funding: This work was supported by a NASA Space Technology Research Fellowship. This work was 
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Preliminary Results

A 10% prior on ICM temperature (from, e.g., X-ray observations) would help significantly to break the 
degeneracies between SZ parameters, giving roughly 10%, 20%, and 10% constraints on Te, vz, and �, 
respectively—compare to constraints for the same cluster without using a temperature prior:
 
A 5% temperature prior, which may be achievable in the coming decades, would help even more, 
allowing constraints of 10% on bulk ICM velocity and 5% on optical depth in this example. 

10% prior on Te

Te = 5+5
-3  keV, vz = 4+6

-2×102 km/s, � = 2+2
-1×10-2 (see plots in "Analysis" section).
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Introduction
Pairwise kSZ
+ Planck CMB 

Pairwise kSZ
+ DETF (no � constraints)
+ Planck CMB
DETF (with � constraints)
+ Planck CMB

Pairwise kSZ surveys are predicted 
to improve constraints on 
cosmological parameters such as the 
growth index � and dark energy 
equation of state parameter w0, as 
they can help break degeneracies in 
other probes such as weak lensing 
and RSD surveys.  Figure adapted 
from [1].

• Cosmic velocity field measurements are a 
competitive way to constrain the growth history of 
the Universe, e.g., the dark energy equation of 
state (EoS) and deviations from general realtivity 
on large scales
• There are a few ways to do this, including surveys 
of redshift-space distortions (RSD) and the pairwise 
kinetic Sunyaev-Zel'dovich (kSZ) effect (e.g., [3])
• This work focuses instead on using kSZ-derived 
velocities of individual clusters detected at high 
significance, as in [2]
• Can also probe internal ICM motion by imaging 
the kSZ effect in clusters to understand the extent 
to which infalling matter is thermalized during 
accretion, which can be compared to predictions 
from hydrodynamical simulations

Next Steps and Future Work
• Include emission from cluster-member galaxies
• Finish work on component separation
• Include atmospheric noise and its removal
• Incorporate hydrodynamically simulated clusters into mock observations

Observing Bands: 
90, 150, 225, 285, 350, 400 GHz

Modeling Contaminants

Various foregrounds and 

backgrounds can affect our ability 

to recover SZ parameters, 

especially those that are spectrally 

degenerate with the signal 

Gravitational lensing of 
backgrounds by the 
cluster: can result in 
deficit of emission near 
the cluster center after 
bright source removal

Dusty star-forming galaxies 
(DSFGs): can subtract the 
brightest ones, but confusion limit 
can dominate noise. Model with 
simulated catalog [4]

Primary CMB fluctuations: fully 
spectrally degenerate with kSZ signal. 
Need to rely on differences in spatial 
scale to remove

Analysis

• Assumptions: M500 = 7.7×1014 M�,  
z = 0.45,  telescope diameter = 30 m. 
Instrument noise is at the confusion 
limit in each band:

Band center [GHz]

Depth [mJy/beam]

90 150 220 270 350 400

24 47 75 94 123 140

• To compare potential instruments, 
observing depths, and analysis 
methods, define figure of merit 
= geometric mean of 68% confidence 
regions to mitigate the impact of 
strong degeneracies (right)

• Attempt to remove bright DSFGs 
(left) and primary CMB

• Use noise-refitting approach to 
quantify uncertainties: generate 
noise realizations, then fit for SZ 
parameters in each case

Novel Features of This Work

• Inclusion of the effect of gravitational lensing on backgrounds

Left: map of observed line-of-sight velocity towards 
galaxy cluster MACS J0717.5+3745 [5]. NW of the 
cluster center is a merging sub-component with a 
spectroscopically measured velocity of ~+3000 km/s 
[6], confirmed in the SZ map at a significance of ~4�. 
Future SZ  measurements will image more typical 
ICM motions at the level of � 500 km/s with 
improved spatial resolution. 

• Full simulation: unlike Fisher matrix forecasts, the machinery we are developing 
can fully capture the complicated degeneracies between SZ parameters 

• A full model of dusty star-forming galaxies (DSFGs) with machinery to remove 
them as optimally as possible, leveraging multi-wavelength data

To accurately predict future observations' ability to constrain the kSZ signal as 
sensitivity improves and systematic effects begin to dominate the uncertainties, this 
work has the following essential features:

• A realistic treatment of:
    • Instrument nonidealities 
    • Imperfect subtraction of atmospheric and unwanted astronomical signals
    • Calibration uncertainties
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Preliminary Results

A 10% prior on ICM temperature (from, e.g., X-ray observations) would help significantly to break the 
degeneracies between SZ parameters, giving roughly 10%, 20%, and 10% constraints on Te, vz, and �, 
respectively—compare to constraints for the same cluster without using a temperature prior:
 
A 5% temperature prior, which may be achievable in the coming decades, would help even more, 
allowing constraints of 10% on bulk ICM velocity and 5% on optical depth in this example. 

10% prior on Te

Te = 5+5
-3  keV, vz = 4+6

-2×102 km/s, � = 2+2
-1×10-2 (see plots in "Analysis" section).
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Pairwise kSZ surveys are predicted 
to improve constraints on 
cosmological parameters such as the 
growth index � and dark energy 
equation of state parameter w0, as 
they can help break degeneracies in 
other probes such as weak lensing 
and RSD surveys.  Figure adapted 
from [1].

• Cosmic velocity field measurements are a 
competitive way to constrain the growth history of 
the Universe, e.g., the dark energy equation of 
state (EoS) and deviations from general realtivity 
on large scales
• There are a few ways to do this, including surveys 
of redshift-space distortions (RSD) and the pairwise 
kinetic Sunyaev-Zel'dovich (kSZ) effect (e.g., [3])
• This work focuses instead on using kSZ-derived 
velocities of individual clusters detected at high 
significance, as in [2]
• Can also probe internal ICM motion by imaging 
the kSZ effect in clusters to understand the extent 
to which infalling matter is thermalized during 
accretion, which can be compared to predictions 
from hydrodynamical simulations

Next Steps and Future Work
• Include emission from cluster-member galaxies
• Finish work on component separation
• Include atmospheric noise and its removal
• Incorporate hydrodynamically simulated clusters into mock observations

Observing Bands: 
90, 150, 225, 285, 350, 400 GHz

Modeling Contaminants

Various foregrounds and 

backgrounds can affect our ability 

to recover SZ parameters, 

especially those that are spectrally 

degenerate with the signal 

Gravitational lensing of 
backgrounds by the 
cluster: can result in 
deficit of emission near 
the cluster center after 
bright source removal

Dusty star-forming galaxies 
(DSFGs): can subtract the 
brightest ones, but confusion limit 
can dominate noise. Model with 
simulated catalog [4]

Primary CMB fluctuations: fully 
spectrally degenerate with kSZ signal. 
Need to rely on differences in spatial 
scale to remove

Analysis

• Assumptions: M500 = 7.7×1014 M�,  
z = 0.45,  telescope diameter = 30 m. 
Instrument noise is at the confusion 
limit in each band:

Band center [GHz]

Depth [mJy/beam]

90 150 220 270 350 400

24 47 75 94 123 140

• To compare potential instruments, 
observing depths, and analysis 
methods, define figure of merit 
= geometric mean of 68% confidence 
regions to mitigate the impact of 
strong degeneracies (right)

• Attempt to remove bright DSFGs 
(left) and primary CMB

• Use noise-refitting approach to 
quantify uncertainties: generate 
noise realizations, then fit for SZ 
parameters in each case

Novel Features of This Work

• Inclusion of the effect of gravitational lensing on backgrounds

Left: map of observed line-of-sight velocity towards 
galaxy cluster MACS J0717.5+3745 [5]. NW of the 
cluster center is a merging sub-component with a 
spectroscopically measured velocity of ~+3000 km/s 
[6], confirmed in the SZ map at a significance of ~4�. 
Future SZ  measurements will image more typical 
ICM motions at the level of � 500 km/s with 
improved spatial resolution. 

• Full simulation: unlike Fisher matrix forecasts, the machinery we are developing 
can fully capture the complicated degeneracies between SZ parameters 

• A full model of dusty star-forming galaxies (DSFGs) with machinery to remove 
them as optimally as possible, leveraging multi-wavelength data

To accurately predict future observations' ability to constrain the kSZ signal as 
sensitivity improves and systematic effects begin to dominate the uncertainties, this 
work has the following essential features:

• A realistic treatment of:
    • Instrument nonidealities 
    • Imperfect subtraction of atmospheric and unwanted astronomical signals
    • Calibration uncertainties
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A 5% temperature prior, which may be achievable in the coming decades, would help even more, 
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The Galaxy-CGM-IGM 
Connection and  
the Inefficiency  

of Star Formation  
in Galaxies

The galaxy-CGM-IGM connection in 
galaxies and galaxy clusters with SZ:
Thermal SZ calorimetry of hot CGM 

measures gas that can’t form stars: 
the inefficiency part of the equation

Thermal SZ + X-ray + lensing indirectly 
measures accretion into cold degrees 
of freedom that provide support 
against G: also inefficiency

Kinetic SZ directly measures cold 
degrees of freedom, both circulating 
and infalling (efficiency and inefficiency)
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Figure 14. Comparison of our best-fit model at z = 0.1 to previously published results. Results compared include those from our previous work (Behroozi et al. 2010),
from abundance matching (Moster et al. 2010, 2013; Reddick et al. 2012; Guo et al. 2010; Wang & Jing 2010), from HOD/CLF modeling (Zheng et al. 2007a; Yang
et al. 2012), and from cluster catalogs (Yang et al. 2009a; Hansen et al. 2009; Lin & Mohr 2004). Gray shaded regions correspond to the 68% confidence contours of
Behroozi et al. (2010). The 1σ posterior distribution for our model is shown by the red error bars.
(A color version of this figure is available in the online journal.)
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Figure 15. Comparison of our best-fit model at z = 1.0 and z = 3.0 to previously published results. Results compared include those from our previous work (Behroozi
et al. 2010), from abundance matching (Moster et al. 2013, 2010; Conroy & Wechsler 2009; Wang & Jing 2010), and from HOD/CLF modeling (Zheng et al. 2007a;
Yang et al. 2012; Wake et al. 2011). Yang et al. (2012) reports best-fits for two separate stellar mass functions, and we include both at z = 3.0. Gray shaded regions
correspond to the 68% confidence contours of Behroozi et al. (2010).
(A color version of this figure is available in the online journal.)

fraction for 1010 M⊙ galaxies is 65%—although most of the
passive 1010 M⊙ galaxies have only recently become passive.
Comparison of the stellar mass histories for those galaxies is
thus somewhat more feasible. Our stellar mass histories agree
remarkably well with those in Leitner (2012) except at recent
times for 1010 M⊙ galaxies (where our model includes more pas-
sive galaxies) and at early times for 109.5 M⊙ galaxies, where
observations do not constrain properties of their progenitors.

5.7. Systematic Uncertainties

Several aspects of the allowed parameter range are notable.
Most importantly, there is no necessity for a large number

of galaxies to be missed (due to dustiness or burstiness) at
high redshift; indeed, the allowed incompleteness is in general
less than 30%, as shown in the top panel of Figure 17. This
would imply that most high-redshift surveys are not missing a
large fraction (>50%) of galaxies above their nominal detection
thresholds.

The allowed parameter range is consistent with having both
µ = 0 and κ = 0 at z = 0; i.e., no systematic offsets in stellar
mass are necessary at z = 0. This is partially by design: the
parameterization of the SMHM was chosen so that it could fit the
z = 0 constraints without need for µ or κ; moreover, the cosmic
and specific SFRs are derivative constraints, meaning that
they only constrain how the SMHM evolves with time. While
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Born of Violence,  Living in Turmoil

2

Galaxy: a complex system in 

which baryons cycle through 

many physical phases

Feedback: return of ionizing 

radia�on, kine�c energy, and 

metals to the ISM, CGM, and 

IGM by massive stars and 

black holes

Accre�on: An acquisi�on of gas 

by the galaxy disk, either from 

satellites, mergers, the IGM, or a 

galac�c fountain aka recycling

CGM: Circumgalac�c Medium where accre�ng gas 

meets feedback material perhaps extending to Rvir

Werk

~10-20% peak efficiency

Star formation remarkably inefficient
Driving of gas out to CGM, stanching of gas 

inflow believed to limit SF efficiency

CGM and IGM also reservoir for feeding SF
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CGM with the SZ Effect

Specific questions
How efficient is shock heating and 

thermalization?

What are the residual cold motions/
material?

How does ejected energy heat CGM 
and ICM, escape to IGM?

Analyses now and future:
Stacking using ACT + galaxy surveys

Y. Xie, ShNU grad student

Better statistics with Euclid/Roman/
LSST + Simons Observatory

Lower masses with LMT + existing 
deep fields, LCT in the future
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Summary of Observational and Forecasting Projects
Triaxial shapes and SIDM

Multi-yr full analysis using the XMM-Heritage CHEX-MATE sample (Saxena)

Non-thermal pressure
Multi-yr full analysis using the XMM-Heritage CHEX-MATE sample (Gavidia)

Merger studies
Multi-yr analysis using existing data, new data coming - Chandra/ALMA/LMT (Silich, White)

ICM turbulence fluctuations
Demonstrate case complete with paper soon, more cases, possible new X-ray data from Einstein Probe (Saxena)

Cosmic Ray Inverse Compton
Demonstrate case complete, more cases, new SZ data coming from GBT (Silich)

WHIM in Large Scale Structure Filaments
Project underway based on eROSITA and Planck data, plus new data coming from Einstein Probe (White)

Cluster Cosmology - AGN and SZ Detection
Pilot study complete with paper soon, more existing data, planned path forward w/ VLA/ATCA/ALMA (Saxena)

Cluster Cosmology - Triaxiality and Weak Lensing Mass Calibration
multi-yr collaborative project with UMich, now underway (Gavidia, Saxena)

Dust Within the Intra-Cluster Medium
multi-yr collaborative project with RIT, opportunities related to dust and relativistic SZ

kSZ forecasting
multi-yr project to incorporate instrumental/calibration effects

CGM studies
studies with existing samples underway, can be extended; new data coming soon

explore ALMA studies of individual galaxies or stacking using ALMA surveys
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Instrumentation

Leighton Chajnantor Telescope (LCT)
Move of Caltech’s 10.4 m mm/submm telescope to Chile

Ongoing developments to enable multi-band imaging of SZ and  
mm-wave time-domain sources on LCT
Multi-scale phased-array antennas to enable measurement of 6 spectral bands in a 

single focal plane
Background-limited microstrip-coupled kinetic inductance detectors (KIDs) to 

provide excellent sensitivity in all spectral bands
Microstripline and parallel-plate capacitors using 1 µm thick crystalline silicon to 

minimize KID two-level-system noise and antenna microstripline loss
Broadband, antireflection-structured, gradient-index silicon optics

Ample opportunities for instrumentation and engineering work with a 
range of levels of time commitment
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Leighton Chajnantor Telescope
Take advantage of new technologies and the 

world’s highest surface accuracy submm 
telescope to explore new scientific frontiers 
and build an international partnership
Move 10.4-m, 11 µm rms Leighton Telescope 

from Hawaii to better site in Chile

Deploy cutting-edge mm/submm instruments
Multiband cameras
“Integral field units” — 3D mappers

Focus on new scientific goals with  
“whole-observatory” programs
Coherent time-domain astronomy program
300-1000 hr projects focused on major goals

Technology-enabled fully remote operations

Strategic international partnership
Shanghai Normal University Key Lab for 

Astrophysics: C. Shu
U de Concepcion Center for Astronomical 

Instrumentation (CePIA): R. Reeves
Caltech
significant contributions by all partners to facility, 

instrumentation, and science
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New Scientific Opportunities  
in the Sub/mm
Transient and time-domain astronomy

Stellar death — ubiquitous synchrotron emission 
A veritable zoo: 

massive stars: core-collapse supernovae,  
low-luminosity and long-duration -ray bursts

black holes shredding stars: tidal disruption events
black holes and white dwarfs accreting material

from jets, outflows, and shocks interacting 
with circumstellar medium (CSM): 
bright in mm/submm, self-absorbed in cm

Reflects mass loss prior to explosion

Stellar activity
Cyclotron emission in flaring stars, perhaps due to  

magnetic reconnection: Exoplanet habitability?

Episodic accretion
Synchotron from active galactic nuclei (AGN: supermassive BH at centers of galaxies) jets: 

, correlated with -rays and neutrinos
Varying thermal dust emission from young stellar objects: explains low quiescent luminosity

Tool: multiband measurements of time-varying mm/submm emission 

γ

Remission ∼ 1/ν γ
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Tidal disruption event Swift J1644+57 (Zauderer et al 2011)

                radio rises slowly  
mm/submm peak coincides w/x-ray 
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Kinetic Inductance Detectors

Superconductors have an AC inductance due to inertia of Cooper pairs
alternately, due to magnetic energy stored in screening supercurrent

Changes when Cooper pairs are broken by energy input from light
Sense the change by monitoring a resonant circuit
Key point: superconductors provide very high Q (Qi > 107 achieved), so 

thousands of such resonators can be monitored with a single feedline
enormous cryogenic multiplex technology relative to existing ones

very simple cryogenic readout components

these detectors have generally been used with individual preampli-
fiers and wiring for the output signals, which is clearly impractical
for large arrays. Instead, a multiplexed readout approach is needed,
in which preamplifiers and signal wiring are shared among multiple
detectors. Multiplexing schemes are now being developed for
transition-edge sensors15,16, but will require complex, custom-
designed superconducting electronics, located close to the detector
array. Our detector concept17 is based on the microwave measure-
ment of the complex impedance of a thin superconducting film, and
allows a simple frequency-domain approach to multiplexing. This
results in a dramatic simplification of the detector array and
associated cryogenic electronics, and harnesses the rapid advances
in wireless communications electronics. The results we present
include the demonstration of single X-ray photon detection with
a high signal-to-noise ratio and a measurement of the detector
noise. Although much work remains to be done to optimize the
performance, and to produce and use practical detector arrays, the
devices already achieve very interesting levels of sensitivity.
In order to explain the operation of our detector, wemust quickly

review the electrodynamics of superconductors18. As its name
implies, a superconductor has zero resistance for d.c. electrical

current. This supercurrent is carried by pairs of electrons, known
as Cooper pairs. Cooper pairs are bound together by the electron–
phonon interaction, with a binding energy 2D < 3.5kBTc, where Tc

is the superconducting transition temperature. However, supercon-
ductors have a nonzero impedance for a.c. currents. An electric field
applied near the surface of a superconductor causes the Cooper
pairs to accelerate, allowing energy storage in the form of kinetic
energy. Because the supercurrent is non-dissipative, this energy may
be extracted by reversing the electric field. Similarly, energy may be
stored in the magnetic field inside the superconductor, which
penetrates only a short distance, l < 50 nm, from the surface.
The overall effect is that a superconductor has a surface inductance
L s ¼ m0l, due to the reactive energy flow between the super-
conductor and the electromagnetic field. The surface impedance
Zs ¼ Rs þ iqLs also includes a surface resistance Rs, which describes
a.c. losses at angular frequency q caused by the small fraction of
electrons that are not in Cooper pairs, which are called ‘quasipar-
ticles’. For temperatures Tmuch lower than Tc, Rs ,, qLs.

Photons with sufficient energy (hn . 2D) may break apart one or
more Cooper pairs (Fig. 1a). The absorption of a high-energy
photon creates Nqp < hhn/D quasiparticles; the excess quasiparti-

Figure 1 An illustration of the detection principle. a, Photons with energy hn . 2D are

absorbed in a superconducting film cooled to T ,, Tc, breaking Cooper pairs and

creating a number of quasiparticle excitations Nqp ¼ hhn/D. In this diagram, Cooper

pairs (C) are shown at the Fermi level, and the density of states for quasiparticles18, Ns(E ),

is plotted as the shaded area as a function of quasiparticle energy E. b, The increase in
quasiparticle density changes the (mainly inductive) surface impedance Zs ¼ R s þ iq Ls
of the film, which is used as part of a microwave resonant circuit. The resonant circuit is

depicted schematically here as a parallel LC circuit which is capacitively coupled to a

through line. The effect of the surface inductance L s is to increase the total inductance L,

while the effect of the surface resistance Rs is to make the inductor slightly lossy (adding a

series resistance). c, On resonance, the LC circuit loads the through line, producing a dip
in its transmission. The quasiparticles produced by the photons increase both L s and R s,

which moves the resonance to lower frequency (due to L s), andmakes the dip broader and

shallower (due to R s). Both of these effects contribute to changing the amplitude

(producing power change dP ) (c) and phase (d) of a microwave probe signal transmitted
though the circuit. The definition of the phase angle used here is explained in Fig. 3. The

amplitude and phase curves shown in this illustration are actually the data measured for

the test device (Fig. 2) at 120mK (solid lines) and 260mK (dashed lines). This choice of

circuit design, which has high transmission away from resonance, is very well suited for

frequency-domain multiplexing, because multiple resonators operating at slightly

different frequencies could all be coupled to the same through line.

Figure 2 A microscope photograph of the device tested. Light and dark regions are the

aluminium film and bare sapphire substrate, respectively. A, coplanar waveguide (CPW)

through line used for excitation and readout. B, Meandered quarter-wavelength resonator

section, with an overall length of 3 mm, and resonance frequency around 10 GHz. C,

coupling capacitor. D, short-circuit termination. The coupling region is magnified in the

inset; the diagram shows the equivalent circuit. Both CPW lines have a 50Q characteristic

impedance, and are fabricated from a single 2,200-Å-thick aluminum film (T c ¼ 1.23 K)

using standard contact photolithography. The centre conductor of width 3 mm is

separated by 2-mm gaps from ground planes on either side. The fraction a of the total

inductance per unit length contributed by the surface inductance of the aluminium film

can be written as a sum of centre strip and ground plane terms, a ¼ acentre þ aground.

These are calculated to be acentre < 0.04 and aground < 0.02 using a finite-element

method26, assuming an effective penetration depth l ¼ 50 nm. The measured resonator

quality factor Q ¼ f0 /Df is 52,500 at low temperatures T ,, Tc (Fig. 1). This device is

mainly sensitive to photon events in the centre strip (V ¼ 2,000mm3) of the CPW line

rather than in the ground plane, because the microwave current in the ground plane is

concentrated near the edge of the CPW line; quasiparticles generated in the ground plane

near the edge of the CPW line can easily diffuse away. Similarly, the device is more

sensitive to centre strip events occurring near the short-circuited end, where the

standing-wave pattern of the microwave current reaches a maximum. Quasiparticles

generated in the centre strip may also diffuse out of the short-circuited end; the peak

response therefore occurs roughly one diffusion length (,1mm) from this end. Photon

events in the through line are not seen, because there is no resonant enhancement of the

surface impedance effect.
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NEW-MUSIC: the Next-generation Extended Wavelength  
Multiband Submillimeter Inductance Camera
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Broadband Anti-Reflection-Structured Silicon Optics

Motivation
Crystalline silicon is excellent optical material:

High index
High conductivity
Low loss

But high index necessitates ARC
Need wide bandwidth ARC for applications

CMB pol: 23-130 GHz, 73-415 GHz (5.7:1)
SZ, mm time-domain: 73-415 GHz (5.7:1)

Technique
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Parabolic index 
variation 

= parabolic lens
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Astrophysics Research and Analysis

Antireflective Stacked Silicon Wafer Lenses
Radford

Figure 5: Concept of (a) a three layer, inverse topology AR structure with (b) the equivalent
thin film stack [38]. We propose to make multilayer broadband AR structures. Several optical
layers will be fabricated a flat silicon wafer using a novel multilevel DRIE procedure [2].
Individually patterned silicon wafers then will be stacked and bonded to form the complete
optic. 

applied to a surface with few-hundred-micron scale trenches 
in it, thus avoiding the concomitant coverage problems 
described previously.  

To convey this new DRIE process to etch N patterns of 
different depths in more detail, we denote the desired depth 
of the nth pattern as dn, in descending ordered so that dn > 
dn+1 as n runs from 1 to N. To achieve these depths, a total of 
N etches are performed with depths Gm (m = 1 to N) given by 
the difference between neighbouring etches, Gm = dn – dn+1. 
For the last etch GN = dN. Before each silicon etch, the SiO2 
mask is partially etched, revealing each etch pattern in turn. 
In this way, the first pattern to be exposed (with the deepest 
cumulative etch depth) will experience all N etches to give 
the desired total depth G1 + G2 + ... + GN = d1. The next-
deepest pattern will be exposed only after the first etch is 
completed, so that it experiences N-1 etches to give a depth 
G2 + G3 + ... + GN = d2, and so on. Taking the example of the 
6-step OMT presented before, Table 1 summarizes each step 
of the full process. 

 

 
 

Table 1: Each depth difference is calculated between the n and n+1 
steps. Starting from the deepest, the full process is completed by a 
cumulative etching in steps until each pattern’s depth target is reached. 

 
To ensure that the (n+1)th pattern has enough SiO2 mask 

thickness to withstand the silicon etching time of the (n)th 
pattern, we use the selectivity between SiO2 and silicon for 
our specific DRIE recipe (150:1) to calculate the SiO2 
thicknesses required for each etch pattern. Between etch 
steps, the SiO2 is removed uniformly over the entire wafer 
using a slow ICP etch recipe at ~70 nm/min to ensure precise 
control over the final target thickness. Table 2 gives a table 
with the thicknesses of SiO2 needed for the 6-step OMT 
example, and Fig. 5 presents a diagram showing visually 
how the SiO2 is patterned according to the desired etch 
depths of the structure.  

 

 
Table 2: Each depth corresponds to a SiO2 equivalent thickness; we 

cumulate those thicknesses to determine how much mask is needed for 
each n pattern. 

 
 

Fig. 5: Each equivalent SiO2 thickness is calculated for every step of the 
pattern. Bottom diagram: Visually showing how a thicker mask is 
needed for shallower etches. Between etches, SiO2 is uniformly removed 
over the wafer to expose each silicon etch pattern sequentially.  

 
Once the silicon etch depth target for the nth step is 

reached and verified with a profilometer, the SiO2 protective 
mask for the (n+1)th step is nearly gone. The remaining few 
nm must be etched in the ICP to expose the next silicon etch 
pattern, so that the DRIE can continue. This process is 
repeated for each step, until the final DRIE etch for 
shallowest feature of the design (77 µm in the example of the 
6-step OMT) is completed. Fig. 6 presents an SEM picture of 
this OMT using our multi-step DRIE process. 
 

 
 

Fig. 6: SEM pictures of the 6-step OMT after completion using our 
novel multi-step DRIE process. 
 

Compared to Fig. 4, Fig. 6 clearly shows that the multi-
step process offers much better pattern definition and shape 
control. No over-etching is observed near the edges and each 
step face is smooth with no etched holes. In addition, this 
multi-step DRIE process provides excellent control over the 
final depth for each step as we control the depth for each 
etching step using a profilometer, and we can therefore 
achieve tolerances better than 2% over the final depth target. 
 

III. RESULTS 
 

While working on the process optimization, various tests 
features were fabricated to validate each development step. 
Straight waveguide sections with H-plane and E-plane splits 
were fabricated and tested at the WR-1.5 (500-750 GHz) 
frequency band. Each waveguide split section is 12.5 mm 
long and are 100 Pm deep for the H-plane and 200 Pm deep 
for E-plane, respectively. Both straight silicon waveguide 
sections show losses around 0.08-0.10 dB/mm [12], 
comparable to metal machined waveguides. We also 
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Fig. 6: SEM pictures of the 6-step OMT after completion using our 
novel multi-step DRIE process. 
 

Compared to Fig. 4, Fig. 6 clearly shows that the multi-
step process offers much better pattern definition and shape 
control. No over-etching is observed near the edges and each 
step face is smooth with no etched holes. In addition, this 
multi-step DRIE process provides excellent control over the 
final depth for each step as we control the depth for each 
etching step using a profilometer, and we can therefore 
achieve tolerances better than 2% over the final depth target. 
 

III. RESULTS 
 

While working on the process optimization, various tests 
features were fabricated to validate each development step. 
Straight waveguide sections with H-plane and E-plane splits 
were fabricated and tested at the WR-1.5 (500-750 GHz) 
frequency band. Each waveguide split section is 12.5 mm 
long and are 100 Pm deep for the H-plane and 200 Pm deep 
for E-plane, respectively. Both straight silicon waveguide 
sections show losses around 0.08-0.10 dB/mm [12], 
comparable to metal machined waveguides. We also 

Figure 6: Submm orthomode transducer fabricated with six layer DRIE [2]. (left) Etch
depths in silicon substrate and corresponding thicknesses of multilayer SiO2 hard mask.
(right) Electron micrograph of device shows excellent pattern definition and control of etch
depth.

lead to undesirable bubbles at the interface. Our mitigation strategies include starting
with optically polished silicon wafers; aligning the hole patterns on each wafer; and
etching subwavelength “pump out” lines in the interface planes perpendicular to the
optic axis to eliminate trapped volumes and to permit gas escape.

The resulting optical elements will be flat, gradient index lenses with integral broadband
antireflection structures. Multilevel DRIE of large arrays of holes in flat silicon wafers is a
natural extension of ongoing work [2]. Stacking of patterned wafers has been used at NIST to
make corrugated silicon feedhorn arrays for ACTPol and SPTpol (Figure 7) [39] and at JPL
to construct submm waveguide receiver components. Although these structures The achro-
matic AR layers and access to arbitrary optical prescriptions are substantial innovations,
demonstrated nowhere else to our knowledge.

Eventually, wafer stacking o↵ers an approach to making large diameter lenses. Because of
surface tension limits during the production process, high quality (float zone) silicon wafers
are limited to 20 cm diameter. By stacking interleaved hexagonal wafers, with each layer
horizontally o↵set from the others similar to bricks in a wall, larger diameter optics can be
constructed. This future development, outside the scope of this proposal, would build on
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Figure 5: Concept of (a) a three layer, inverse topology AR structure with (b) the equivalent
thin film stack [38]. We propose to make multilayer broadband AR structures. Several optical
layers will be fabricated a flat silicon wafer using a novel multilevel DRIE procedure [2].
Individually patterned silicon wafers then will be stacked and bonded to form the complete
optic. 
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lead to undesirable bubbles at the interface. Our mitigation strategies include starting
with optically polished silicon wafers; aligning the hole patterns on each wafer; and
etching subwavelength “pump out” lines in the interface planes perpendicular to the
optic axis to eliminate trapped volumes and to permit gas escape.

The resulting optical elements will be flat, gradient index lenses with integral broadband
antireflection structures. Multilevel DRIE of large arrays of holes in flat silicon wafers is a
natural extension of ongoing work [2]. Stacking of patterned wafers has been used at NIST to
make corrugated silicon feedhorn arrays for ACTPol and SPTpol (Figure 7) [39] and at JPL
to construct submm waveguide receiver components. Although these structures The achro-
matic AR layers and access to arbitrary optical prescriptions are substantial innovations,
demonstrated nowhere else to our knowledge.

Eventually, wafer stacking o↵ers an approach to making large diameter lenses. Because of
surface tension limits during the production process, high quality (float zone) silicon wafers
are limited to 20 cm diameter. By stacking interleaved hexagonal wafers, with each layer
horizontally o↵set from the others similar to bricks in a wall, larger diameter optics can be
constructed. This future development, outside the scope of this proposal, would build on
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4-Layer AR Demonstration

Next step: 6 layers!
35

135-390 GHz (2.9:1) mean << -20 dB

95-425 GHz (4.5:1) mean << -15 dB
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Gradient Index Lenses

Hexagonal hole pattern
Size varying with radius to  

vary index
1 mm thickness wafers
Clamp many together
Fab in process

A couple clever tricks needed…

36

~ 26 um

~ 74 um
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GRIN optic w/16 wafers +  
3-layer AR wafers

Power E Field Magnitude E Field Phase

Gradient Index Lenses
Excellent performance!

5-wafer version:
focal length: 229 mm measured, 238 mm expected
beam waist: 3.8-3.9 mm measured, 3.5 mm expected

T = 1 within 5%

18-wafer version,  
f = 75 mm, 
waist = 1.6 mm 
showing good 
performance too, 
though stronger 
fringing to be understood
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Conclusion

Many exciting topics in cluster studies and instrumentation at mm/
submm wavelengths:

Analyses using in-hand and in-process data sets for various cluster science topics

Simulations of ultimate kSZ sensitivity: can we do cosmology with cluster peculiar 
velocities?

Early efforts to use SZ to study CGM

LCT: A new facility for mm/submm time-domain astronomy, cluster and CGM SZ

Development of detectors and optics for multiple spectral bands

Many graduate opportunities, ranging from pure instrumentation to pure 
analysis (though a mix is typical and preferred)
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